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plana y& T, QK soccurransgue illisin punttic qug Ginngans
sur rectis lineis ip(g inngentes fint dicarnm fimilinm fignrarans,
& dultarnm appaﬁ'mmm rangetinm femper incidentes, que 0=
" mes jaceant in planis, AT s Q I yper quarum extrema tranféant
fineg, XVY T, FG K Dyetanterinslinesa ;4 N61, 7085,
o contingat fiznras ,XVY T, FGK D,effe  fimiles o eArumque

bomologas diétas incidentes |5 ipfavnm xegulas effe communes’

fectiones planornm , in quibus iacent o< oppofitoruim planorumes
, 5.

- pofstisyvoco [olida U B 3@ 5 A H B M yfimplia ffGuras very, F

/?}/\E; B ER L a3
sangentinm, el ipfaN X A, T2, F 9 5 K Lo Hisigitar
G K Dy XV T T ; digo figuras incidentes fimiliiem felsdorams iar

dictornm et appofitornm tangentinm planorams Be Ay ¢ Z; P9, -
Y¥ L sipfas antem fignras 8 XS ®, HE,C M yet eas, qrarsm
extenfa plana fimiliter ad eandem partem dinidunt altitndines
folidornm sT B 3 @, AH B M srefpectn dictorsm tangentinms
Planorzm (wmptas 2 funt fimiles yvel bine Gmiles 5 & fimiliter

inter [e difpofita yvaco figuras homologas dictorum filidornms, C.Defuifs
Jemptas svegulis earnm duabus el dictis tangentions planis,

S CHOLTIV M -

Duertendum - eft antem_pro fimilini figuraium nominatione »,
dum veco eas fimiles fizuras fine planas, fine folidas, me intelw
ligere ineis d:finitiones.gencrales (uperius allatas ; dum verg eas
particulari nomine appéllo, intelligeve definitiones particulares pro
apfarum frmilitudine ab alijs ,vel'd me allatas , vt cum dicam , frmi=.
Les coni [elEionnm portioncs, intelligam particularem fnels definitios .
wen, & cuw dicany (fimilia parallelogramma) intelligam in ets pay.
siculaven: difinitioncm fimilium veGilinearnm figurarnm ; ¢ fic in,
cateris  licet veramq; definttionem tum particulavcm., tuin gencra~ -
lem, de eifdem figurts ver:ficavi inferins ofleadernus ]
\ Vm fuerint quotcumque magnieudines eiufdem ge-
) neris vecumque dipofite , prima ad vicimam dictug. -
habere rationem compofitam ex rationibus prime ad fe-
cundam, fecund® ad rertiam, tertiz ad quartam ; & ficde- .
inceps vig;ad vitimam. o s e e

o . X KIID e e P AP,
~ Vi vauti , & idem antecedensad plura confequens
\_/ tia comparatum fuerit, fingillatim ad voumquedqs..
comparare idem ad.eadem confequentia fimul colle@adis -
cemus, colligere, vél,colligendos, - =0 o i :




ADef s,

Poftu', 1.

X1V - Lt
™y, Arallelogrammum dicerur expofitg guicumqug f?’i‘m%'
figura circum{criptum , i eius fingula l;‘itcx‘a‘mngmz
diGam figuram, qué illi parit‘éfr diceturnfcripta .
' X V. _
7 Arallelepipedum dicetar expofito folido circumferi
tum , fi eius fingula plana tangant diétum {olidum,

quod illj pariter dicetur jnfcriptum

P OSTVLATA
ID
Y Vamlibet re¢tam lineam indefinite ita pofle moueri,
J vtfemper vnicuidam fixaefit-parallelasfineineo-—

< dem, fiuc in pluribus planis, in tali motu exiftac.: .

y Vodlibet planum indefinitd ita pofle moueri, vt fem-
pex vai cuidam fixo fit 2quidiftans . .
b .

PROBLEMA I. PROP)@S,\)L.
& Viuslibet propofite figura plana$vel folida , vertis
@ cem inuenire, refpe@u data , pro figura plana reGta
linez ; pro folida verd, refpectu dati plani.

Sitfigura plana quzcumque, A B C, & in ea ducta re&ta linea;
B C, oportet refpectu ipfius, B C, verticem figur® , A B C, inue-
nire . Sumatur in plano figure, A B - ‘
C, indefinité produ o, vtcumg; puns M. ,
&um, N, & per, N, ipfi, BC, du- Kéf\_f—:%‘w
catur parallela, K V, indefinite hinc >
inde produ&a, veligitur , K V ;tan- F. R
gitfiguram, B AC, &fic inuentum Y
eflet , quod queritur, vel non ; igitur E
erit , KV, vel intra, vel extra tigu-

ram, vbicumy; fit, moucatur , KV, . <« ,
femper manens in eciufdem figure " B e~ C
plano, & zquidiftans ipfi,8 C,re- D
cedendoabeadem, B C, fiintra figu-

fdan reperiebatur, velaccedendo, fi erat extra, tandem .n. con-
tine

oo LPRBCECRL gy
tinget figuram» A B C, contingacin fitu ipfius, FG, & in pun-
@0, A, igitur, A penit vertex figure, A B.C, refpetu ipfus, B A, Defus,

- €, d nobis inuentus , qui in huius Problematis priori parte iniies

niendus proponebatur..

Sitnunc figura folida ,fiug folidum, ADE, in quo fefpé&&
plani, BE" D, fit vertex inueniendus, fumpto igiturexrra pla=.
num figuree, vicumque punéto, N, peripfum agatur planum; K.
HYV X,ipfi, B E C D, zquidiftans, quod vel continget folidum; -
B AC,velnon, fiautem. non-contingat , moueatur ;accedéﬁdoﬂg;i?oﬁuloéf;.
vel rece_dendo; 2 plano, BE.C D;tandem igitur continget ipfum" oL v
tangarin, A, pun&to; igitur pun&um, A jerit vertex folidi ; AD - .
E refpectuplani , B E € D, quiinueniendus proponebatur, -+ &+Defzs

" COROLLARIVM.

Inc manifeflum eft , fi retta , B C , tangat planam figurim , A B
C, quod: dulte ¢vunt oppolice tangentes ipfins figura; A B C, B:Defixs
vefpelin date recta linew , qua furt vna ex eifdem tangentibus ,nem =~
p¢sBC; & itafi figura, BD CE, tangit folidum, A D E; duéta ‘_e‘ﬂ_mf;f.f’B' Def.z.
oppofita taugentia plana folidi , A D E  refpettu plani,BECD,in A, Defs:
A _ S e o A, Defiag
quibus punéta contalluum erunt oppofiti vertices earmmdem fignra- :
vum 5 boc palfo inuenti : Sivero reitalinea, BC, [écarer Fguram, A ‘
BC,velplanum , BEC D, fecarer folidum., A D E yeodem pafaex -
alia parte lince, B C, el plani ; BD C E, inueniemus verticem , vine .
de innenti erint propofita figure plans oppofitt Yerrices, & dulfgops =
pofitetangentes refpelin dare lineas B C; & infolido innentt erunt:.
oppofiti vertices, & dulfa oppofita tangentia plana vefpelfu dati
plant, BD C E , qac cum tangunt in fignris planis , figura contalfunm. ¢ pef., |
ocantur etiam oppofit&bafes , & éarum fingule bafes; ¢5 bafes I+ -
neares , fi contaltus fiever in lineis :hinc evgo difcimus inuenive op-- A,B.Def,
pofitos vertices figure plana ,vel folide cuinfcumque , & cornmop- 1fze - -
polita tangentia ducere refpetudara in figuraplanavefte linea, &
dats plans pariter in folidafigura . . R e

PROBLEMA IL PROPOS. IL

Y Vilibet figurae plaﬁaa péfa!léldgrammdm circumferi- -
4 bere;cuinslatera duabus datis re@tis lineis »in pros -
pofitz figurz plano fe fecantibys, fins parallela, ~ = -

i N

R
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), Al J, & producantur donec fibioccurrant, oe-
cutrentautem., quia hizee planis fe invicem {ecantibus funt parailcla,

& ficab illis comprehenfum {olidum, Z P, erit igitur; ZF, raralles’
fepipedum;-cum eius oppofita plana fint innicem parallela, qu tan

gunt folidum ,;A-CBD,vtin pundis, A, C,B, D, E, X, &ided
eritfolido, A CB D ,circumfcriptim ,habens plana ‘oppofita pro- Dk 3

@E@METIREA%
i d a 3 RO .
Sic prop Qﬁétggqllilf;; 1:1}‘31 [g ?[g?‘:‘ v}?;clu?nq; {c inuicem fccatltgs.
Defor4r leo du;E ée c;portcc illi paralle_-logmmmum
m-Pu?ﬁc(rfbcr’c , cuius latera rectis , § D,1T,
%\;itlk'\rAallcla. Ducantur ergo oppc;‘ﬁtee ‘f[aff'

mgés figure, AQV E,refpedtuiplius, 1 Ls

VE,&in ipfius Hi; ACBD, AB,CI

.EG'

0t anta

Def, 145

@el. 15,

Buius

E ; & aliz duz re(pectu1p-
e, KM, HL, |

qu‘fz gnD,” quEé fine, KH, ML, quzlcqm-
1us ’{ié’tis concurrent , nam funt parauc ® 18
?r&LB D, 1T, quz inuicem concurruar , i1t
ars’,o congurfus in pundis, K » M,L ,H ,}‘gl-
§ e, JOLerit parallelogrgmmum ,cuius fine
quula latera tanzent ambitum figure, vt in
gun&is . 1}3’ Ol’ tera duabus datis rec

i s 14 s datls ] i
‘f.;““};g]veé, plano feinuicel® {ecantibus , para
wes e OBLEMA 11 PROPOS. L
#~ Vilibet folido parallelepipedum Cquumffcirrlmizé o
W_ s iusplanaoppofitatribus datis g};m%, c <

cantibus, intparallela o e

(N e

llela ; quod etfi<

Sit{olidum, .
ACBD, quod- Z4IN
cumg; in quo
tria plana, A
CBD,AB,C l
D, {einuicem
fecent , qualis '|
bet duo, opot- !
recfolido, AC |

BD, parall'ce ST
lepipedum cire \ \
culcribere, cu=

ius oppofta
plana predi
&is planis fint
parallela. Du- G
catur duo pla- T

2 oppofita

I3

- 0 . S , . ' &
Carollie 1 ngeptia diGtumfolidum refpectu cuiufuis planorus fe {ecan:

gium,

- pofitis planis fe fecantibus parallelas quod efficere oppserat,

Oteft antem contingere in antecedentis Propof:figura tpfum effi pa
allelogrammum , & lineas veétas fo fecantes’, quibus paratlelos
ciumferiptibilis latera-debenteffe parallela, effe ipfaparalles

logram nilatera s in quocafn idem effet paralelogrammum circnmfiria
ptum , & cutcircumferiberetur : Velnsi bic etiam fi foliduin ; CED, -
effet paralleleps edun , cins oppofitss planis, plana ctrcum fivip1ibilis

ch . circumferi=
v nE: &Eldt() Eug “(]Ci’S,BD ,lT: in gﬂ“l

& fitre@ta , H M, parallela ipfi,

RB,refpe@u ipfiuss AB; eftes 7.

deberent effe parallela’, tunc enim idem effer parallelepipedum circums
feriptumy & cui circumfcriberetur: Contaffus antem in antecedenti po

- téfbetiam effe in linea y & in:bac tum inlinea s thminplanis ; tcet cone

taltus , quifit in punlfis tantum expofitus fuerity o o
.. THEOREMA L PROPOS.IV.
Ataquacumgq;s figuraplana , vel folida, & in plana das’
WY tare@a linea,infolida vero dato plano;quelibet Ha
nea, vel planum , quod indefinite produétum non tangat f-
guram dictam planam, vel folidam ,.in vertice {umpto refpe-.
GudiGz linex , vel plani, vel torunrextra , vel aliquid eius
intra fignram cadit ,nemp¢ figuram fecat, filinea linee ,vel

planumplano zquidifter.

Sitdata figuraplana, CARB, =
&incarecta, AB,fit vertex vnus .~
refpedtuipfius, A B, punéus ;C, .

A Byquaetiam indefinit? produ- -
&a nontangat figuram, ARBC, © -~ "~
in, C, vertice.” ' Dico, HMivel + -
totam extra figuram cadere,vel &
eandem fécare. Neutrum efficiat = A
fi pofiibile eft ,igitur, H M, tans" -+

getfiguram; € AR B;& noniny 1o
Csigiturin alio pun&o, vtin, E,

igitur, B, erit vertex figure , C A - -

: ) : P : !f SR 4 CA.DeET
tiam,C , vereex ciufdem refpe@in ciufdem, A B, crgofipers Conpus,w

hus
du.
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ducamus redam , V N, parallelam ipfi, A B, tranfibit _hgqpégg-

un&um , B, qui eft etian: vereex reipeétu ipfins ‘,'-_A"B‘,‘lg:l"tur f_e‘cﬂ#f ‘
bit , H M, quod cft abfurdum , nam vireque funt parallele cxdcmg
A B, & ideointer [¢ funt parallele, vel , VN , extendetur-fuper , H
M, & fic, H M, tranfiret per »C, iniploq; tangeret. ﬁgugalpc;on@_;
tra fuppofiruni , quod etiam eft abfurdum , nonigitur , H M, tanget
Gouram, CA R B, fed erit tota extra figuram,, fi nullibi coneurrat.
com ambicu figure , vel , tranfiens per aliqguem punctum, eandem”
{ecabit, [i is punctus non fit ex illis, qui funt verticesipfiys figura ex-
hac parie, vel ex oppofito gg[gc&ulpﬁus, AB; qvuod‘ﬁn}g‘ iterin fo-g_

lidis oftendemus pro recis lineis , A B, HM, VN, plandintelligens .
ie figuram folidam fupponentes , qu&

tes, & ipfam, CARB, eli
oftendere opus erat .

COROLLART

T W Inc patet @ quolibet puntto ambitus dat ﬁggmjzl:zmé; v?lfol-id"‘.e

: dultam lineam, vl planum equidiftans 1lli, refpetin vcvungsfumt«
eur vertex ([ fumptus prnthus vion fit vius ex verticalibus d:é?zs? Jecas
ve fiauram cum , vt oflenfum eft, tangens effe non quit » @ fdeo feﬂ@a
per mter duo oppofita tangentia , ve[pettn re el , penes quaim [umitns,
vertex , affumpta linea cadet , Licet indeﬁﬂt({ﬁrq ucatnr o '

COROLLARIVM IL -

T quia f; reftalinea , vel,planim , fecat duas payallelas, wf diio
wquidiflantia plana, [ecat etiam omnia intermediztllis aquidi-.
fantia; ded ffrectalinea, vel planum, tranfeat per verticemy & bafim,
fiue per oppofizos vertices data figura plana,vel [olida,fecabit ct1am om-
nes i fignraoppofitis tangentibus aquidiftantes intra figuram , vel ea-

fdem produitas extra figuram, S

THEOREMAII.FROROSQW:iff;

Q%Z 3 quocumque pun&o circuitus cylindrici, per quam fit
b reuolutio verfus cylindricum ducta fueric reQa linea
paralleia regule laterts cylindrici, hac eritlatus cylindrici
in talibafi conltituti. L T e
Sitcylindricus , CB ,Inbafi, AF B,in cuius circuitn fumintdvta
fuiug; pundo , F, ab co dudta fit verlus cylindricum qua:danlj rizirad_‘aw
- ela

quod eft abfurdum yigitur quada--

il
. clligatur per
quod fit, F E, vel igitur du~
v parallela. ipfi; H Mijicas
&ficert, &ipfalast
svelnon;nempeficas. .~
G; tuncquia, EEyeft & ¢
paralletaipfi, H M, & etiam, PG,
eft ipfi’, H M, parallela fequitut, B -
E;ipfi, F G efleparallelamy & funt "\
EE; FG,edu@zab eodem puns & ~ ..\
&o, B, i quos funt concurrentes;.

pundum, F,

citurd punéto’ B, parallela ipfi; H

slindris

B

ci, lgltm: erit I;rtas huluscuylx
. : : THEOR,EM A II =

Vpetficies, qua clauditur ambitu defcriptoab extrem
) punéto lateris cylindrici,quod per. ufdem -
bafis non prog ans bafl
fi ea fumatur, in qua-iacent jungent
feri pti_‘\ambig};;s S ;
Sit-quilibet cylindricus, A E , cnjus bafis » C D:
cuius punétum extremuin s M, quod non properat p
fis, in reuolutione deferibat circuitum, MeA N H.
Dico figuram hoc circuitu comprehenfam,i
iacentiungentes duo quenis punéta defcripti
bitus effe fuperficiem planam,equidiftantem . ;
CDEV, & ideofingula pur&a huius circuitusres -3
peririin tali plano. Sumatur ergoin talicircuitu
vtcumg; punétum , M, & per, M, ducatur bafi,
C E’, zquidiftans planum ,MBO F. Dicoom- -
nia punéa defcripti circuitus effe in hoc, plano: i -
enim non fint ;aliquod erit ‘extra, fithoc pun- .
Gum', N , & per ; N, it ductum latus cylindrici,
quod fit, N D, fecans circuitum figurz plane, B
¥,in, O, & circuitumbafis in ;D ;deindeper, N - =~ =
D, MV, que {unt zquidiftantes , cum fint cylindricilatera, exten=

€ 2 da-

erat , eft fuperficies plan

™
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1. Vade, %%”é P‘?““ﬁ’ ) %}‘1’& béf'“ ,‘ezfﬁffm;lv“i\é/'lta , DV, figuramplangm , M Dico, R O, effe pacalldlam lateri cylindrici, PG« Iungantur ;€ B2 o -

cimi Ele, BOF,inre&a, O M, & ungantur , MN'; pundta , quia ergo plana: . MN ,quoniamergo,C E, M N , coniungunt extrema lacerym cy- 3 Pri-

’ pgmllela » BF, CE,{ecantur plano quodam , communes eorum fe-: }indriéi' CM,EN, quafunt equalia, & - . = ° mme lf,m"

&iones » nempé , O M, DV, erung inuicem parallele , fed etiam , ©. arallela erun’t‘&ip’{x zquales & par;lléa Spe e
D, MV, {ugit,_parallclzc, etg0, OV, erit parallelogrammum; &, O fmw funt étiaxﬁ‘faéfall’élé?ipiéé CI’{ MO er‘ TN jo. Vnde-
D, ®qualisipii, MV, eft autem » M V, &qualisipfi, N‘D,,quiagam—[f o‘,angulus' ECR feri;{’zﬁiiaiié a’nguloj,;N Ef M~ Rdmimcﬂ
bo funt latera einfdem cylindrici, ergo , D O,-axqualis eritipfi, DN, £10, Zodem padioofiendeinusanguium, C . - | " o
pars toti, quod eft abfurdum , non.igituraliquod punctum circuitus. ER. efle eepualem ahioulo, MNO, vnde = | L
deferiptia puncto » Myeft extra planumzquidiftans bafi, C B, igi=: etam.CR ;t]/_[o eruntgeg uales, & ﬁ;ﬁtf A~ %619 i
tur omaia funtin tali plano , funéta igitur, N M , ipfa erit in eoden. sallole. ShE0 E4s i enfeqs S RP‘Q" ‘ -
cum illis plano ,in quo pariteriacebunt duo.queuis punGadungens- C?M',eigﬁh‘tg;;q‘uaiéé;%i‘p‘argllqeh;, oft a,uiem‘: : ’

tes ciufdem circuitus » & ided figura tali ambitu contenta eft fupe
ficies plana ipfi bafi, C E, ®quidiftans, quod.erat oftendendum
autem vocantur cylindrici oppofita: bafes .. - £

COROLL ARLV M

e

i

C M, latus cylindrici,E G, ergo, R O,com- "\
munis {ectio duorumplanorum diGum cy-' ¥ q
lindricum fecantium, erit eiufdem lateribus .. . -
parallela . Tdem oftendemus ; i [etio contingar fier
cum, fiautem fiat in fuperficie , patet non poffe fieri

N ) . - : o o cylindriciy nam plana fecantia ducuntur per
@ 7/ ontam vero fuppofito ipfam , M BOF , effe fuperﬁciem plafz s ‘ ;ﬁapus<‘e[¥'Cthfiéﬁvé'iufd¢~Ln ‘c’jrliii_dri'c;ivlfgte'jrib'usgqm}dlyﬁans;
o’ bafi aquidiStantem , o dulko per lavera ,0 Dy 2 ¥, plano gflen cumgq; contingat fe&ionen fieri femper communis {e&io
% ‘perlatera cylindrici d &Gorum{e inuicem fecantium; eft par:

dimus, OF , ¢[fe parallelogrammum,ided cum, [tiamus; MANH,
efle fuperficiein planam bafi, CE, equidiftantem, dutk pei latera vtcum-
que plano cylindricum fecante, oftendemns epdem pabto’, dutti plani [é-
cantis in cylindrico conceptam fignvam effe parallelogrammivm,cuin [¢ie
Dehineg. licet planum ducitur tantum per duo latera , vel pét}allélag;ém"ﬂ'za;‘mn?

per plura duobus , ipfuim in eornm aliquo non tangens ,

zeribus cylindrici. Id
~ oftendendum. - -

THEOREMA V. PROPOS. VIL
1 quilibet cy[jindrichs;fﬁicétu'r.pwla'nisv‘parallt~1;IS'pex‘lat€rE
) dugis. concepta in cylindrico figur erunt parallelos’
grammaequiangula..> i
Sitquiltbee cyundricus, BFa planisfectus.
parallelis per latera dudtis , fit autem voius»

fequetur de tangentibus pl

THEOREMA IV, PROPOS, VIL. - *

¢ T cylindricus fecetur, vel tangatur édaoBij“s élanié per

) cu_ﬁfdcmlatera du&xs,q‘ug non fing inter fe parallela,fing - in cylindrico. AF , concepta figura:parale
autem ull'a, produéta donec fibi occurrant, communis-coruug ﬂel(‘)gmﬁmmﬁ BH aheﬁus augtem gara"l# ; L—dpln :
fe@ioeriteiuldem cylindricilateribus parallela, = 7 Ielogrammia , A N, Q F.. Dicohwc e X KfT: 2] R
- o sl e equiangula, quod enim fint parallelogram= 4l | SN
Sit quiliber cylindricus »F G, per cuius latera fint ducta duo plas " ?r?a, patgét;‘cj’:i; pclla‘é]ali{éc'ahtil:i dicu’nt%t per. . ﬁ59§?'5'~
panon l‘?ar?“?la’q”x‘m fint producta , donec fib1 occurrant , {ing- - latera , quod verd fint zquiangula patete- J R
Corolvs ?Mfff?l% akp({mgi@{w;a }?N » quorum,, & oppoficarum bafium cy-- tiam ,.nam in ~:pa1fa11;eldgfa‘mxho,AN--;-la; Wt
é@?ggl iZ\nmi‘Clpi .'\/[] 7IL)U?\TMM]CJHi,lcamnes »AC,HM,DE >SN erunt - - tus , A D, &quidiftat lateri, BO &, AP N
a2 e Kl . g’dafgn}t ‘Ogralgmr? » intelligantur oppofitarum. ipfi;BC, nam {unt commiunes fectiones pla= k"~ e
D € L sachinite produftarum plana lecaria planis di- ni, AB CR, & quidiftantium planorum, ~Big====-7§7" =~
AR ¢ ,th;(P F‘l(g 91(1)n01um }éauter }nd.chmt; prodg&xs,.m redis, AN,BH ,&ideoangulus ,PATY, acfu:t N . R Vad
N, DR,HO,50,& c‘a em f@ lnuicem fecarein ;eaaz,)g{ 0. Ctr aﬂgglo, CB 0, ergo parallél ogramma AN, B H, eruntequi- Zﬁﬁ;ﬁmee:
_Di- e e R AT angus
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angula , eodem pa&o bﬂeﬂdeﬁwélpamlletogramma, QF,B H, efle
zquiangula , vnde concludetur etiam parallelogramma, AN »QF,

efe inter e quiangula, quod oftendere opus erat, -

COROLLARIVM.

T antem intellizamus oppolitarnm bafiumcylindrici, AF it pk;?aa«
AV duifaplana, vt fecentur d plano per lateray A D , P N, M, RFs

dutfo invelfis; AR 5 DF,quarum portiones extra cylindricum manens

tesfine, PL, N.M, manifcftun eft eviam parallelogrammum P My
guod extra cylimdricuimn conflitniznr ; & quod integratur ex parallelo=

gramimis , AN P M, -QE:;‘»P} AF yeffe predictis equiangulums -

tale‘eft, vtineo omnesducte redte linez aquidiftantes.
. e -2 & . L § H - 8 ]
. : :

THEOREMA VI PROPOS, 1%,

© 1 planum aquidiftans plano perlatér:i}CYlfhidri:c{ﬁ"d‘uE%
L2 gangat cylindricum , contadtus fietin recta linea, velre-

&is lineis , qua erunt latera eiufdem cylindrici: Vel fi tan-.

gat in plano,aut planis, plana contactus crunt parallelo<
gramma yequiangula per latera ducto- it

\ : - . ) .
Sit cylindricus , A C, per cuius Iatcra@\éafdriplan‘um in eo, pi'o;‘
ducens parallelogrammum, A €, fit autem’ ductum alind plannm
huic equidiftans , quod tangat cy-
lindricum , A C. Dico eiufdem con-
tadtum fieri in reta linea, vel reétis
lineis , que erunt fatera cylindrici, A
C, vel fi tangat i plano, aut planis,
plana conta&us etle parallelograme
ma, 2quiangula ipfi, AC. Primd,
igitur non tangat iplum in plano,
quia ergo tangit cylindricum ,ali-
quid fuperficiei cylindrici commune
cltipfi, & plane tangenti, fitis pun- -
&us, O,cxiftens, & in planotangen-
tc, & in fuperficie cylindracea, &
per;, O, fit dudtum latus cylindrici,
quod fit, £ M. Dico totum, E M,
reperiti in-plano tangente cylindri- i
cumin, O, ¢quidiftanteipfi, AC. Ducaturpct, M,ipfi,BC,pa-
rallela , X R , quiaergo, X R , squidiftatipli, BC, & E M, ipﬁnlAB»
Yel,

|

um p’e\%:,‘E M, X R, dodumzquidiftabitiplavo, A Cs

e, D C;planim pek, EMXR, du :
eft antem planum , quod tangitcylindricumin,,. O, zquidiftans pla--

W

"no, A C, & tranfit per idem pundum ,O, perquodtranfitplanum .

per, E M, X R, dudtum , crgo illa duo plana fiunt. voupiplanum,,
jacetautem; E M, in plano per, E M 5 X R;duco, ergoiacet etiam
in plano gquidiftanteipfi, AC, & cylindricum;. A C,tangente, igis”
tut tangit-cylindricumin reéta, EM . Eadein pa&o fi in alio/puns.,
&oextrd y B M, in fuperficie cylindracea fumpto tangeret ¢y 1ndeis -

chm, AC, oftenderemustangere ipfiim in latere; quod per tale pune.
&iim, tranfivet 5 in quo: calu tangeret cylindricum in lateribus. vao-
pluribus, vt contingere poteft. Tangat autem fecundd ipfumin::
plano, igitur in eo plano fnmpto vecumque puné&o,tanget cylindris
cum in latere tranfeunte per tale punéum,igitur planum contactus. .
siphi, BEM;;,

qualia, vnde -

i TatCra Cyn Fix sy O - Tt :
fuperficies ; in qua jacent erit parallelogrammum, i
contadus in hoc.cafu erit parallelogtammum, & ¢
parallelogrammo, A €, nam eius Jatera funt pa :
lelogrammi , A C , & ided.continent angulos @quales content
teribus parallelogrammi ,/A C;vnde talia parallelogramma {unt
uiangula ,igitur comtactus plani-®quidiftantis plano-

lindrici duco ,velfit inlatere autlateribus contadicy
in pnrallelogrammo»,giﬁueﬁparallelpg,ri:lmmrs'
iciacentibus , & quiangulis ¢i;quod f

odofténdendumerat ..

-

;.'?c“hf_?bétur' 5?1‘7’?7;”?4716;5,]'855’107;5;'?14711 t'zzﬂg,é’n:ti/s;fﬁf?;y ridvics ope
pofitarum bafium produékorum. planornm , afint’, V Fy KRy -

nter fe parallelas , & tangere eafdem.

m:a»E‘AD:@":XR:’P s MB‘C"

THEOREMA VII. PROPOS. X =
I cyiinariéljf;s:i‘]rix.o‘&xédo'éh‘ﬁlvg‘ cur perlatera,

eur in cylindrices a fecan! b

lelis ; folidum comprahenfum conceptisin cylin s
wis, & inclufs fuperficic cylindraces, gr.ia:‘,cylm,dm:cp“s,sf

it
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sit cylindricus , A B, {etusa planis quomodocuigue perlaterd
Dico per cadem diuidi in cylindricos; fint autem {ecantia plana, qug-

in cylindrico ; A B, producant parallelogramma AE,ME. Quia
i gitur; A E,clt parallelogrammum., fiin ipfo ducantur recte linea

ipi,AD,HE, parallela , 8 in, AH, D E, terminata, erunt et--
fdem,AD,HE, xquales., & fubinde erunt xquales; & parallelae

regulz lateris cylindrici, AE ,vndeerit, A Efra‘iupel'ﬁmesrcyh_gdraé;
cea defcripta latere , A D s fiue Jatere cylindrici, A E, ergo}ohdumm
ARXE,ericcylindricus o Bodem pacto oftendemus folida, A M-

 HDVE, MZHV LE, efflecylindricos, talibus igitur planis cy=

lindricus , A E , femper diuiditurin cylindricos, quaeft prior pars;

~ huius Theorematis.

Bef. 3.

Secetur nunc duobus planis vtcumque inter fe parallelis coincid:
dentibus cum omnibus eiufdem laveribus , quain cylindrico, A By
producaat figuras . BN G¥; COFEL. Dicofolidim comprahens -

fu ninter has figuras, & ijsinclofam fuperficiem

cylindraceam, effe cylindricum . Sint adhuc pla~ M

ma perlatera cylindrici, A B, vtcumque duda, A" 4 1SS
E,ME,que fccent figuras, 8 N G K., € OFL, | §E g
inrecis, BG,CF, NG,QF, igitur eiuldem pla- B ¥ f‘ B
ni, & iplarum, BNG K,COF L,communes fe- o= F
&iones crunt parallele, qug fint, BG, OF, figut - €&,
etiam iple, NG,OF, tuntautem pargllelg ewim " |yl g § -
iple ,BC,NO,GF,crgo, BF,NF,erunt pa= DC—SJE -

gallelogramma , & latera corumdem, BC, GF, K.
N O, inter fe equalia , & zquidiftantia; fiigitur ,
eorum quoduiss vt , G F, ftatuatur pro regula lateris ‘ylindrici , {ux

perficies inclufa duabus figuris,BNG K, COFL, eritdefcripta -

vaolaterum , B C, vel, N O, properante per circuitum figura, G
O F L, lemper tpii , G F , equidiftante , donec redeat vnde difcelit,
igitur hac erit fuperficies cylindracea ,cuius Oppofita bafes ipfee fi<
gurz, BNGK, CO¥ L, & {olidum eifdem inclufuim erit cylindri-
cus,quod erat pofterior pars huius Theorematis & nobis demons
firanda. , R

THEOREMA VIII. PROPOS. X1

J & fimiliter pofitz .

Sitcylindricus , P N , cuius oppofite bafes, APK,0Z N. D‘i_cj(;)‘
eas offe fimiles , 2quales , & fimilter pofitas. Ducantur vicumque.
duo

- FB, 8G, intelligatorex=

' in re@a, FL,& planum -

% Vinluis cylindrici olpp\oﬁtg bafCS'funt'ﬁmﬂiles_, aequéilcﬁg )

gf:‘

«duo plana oppolfita pngentia cylindricum., P N, parallela cuidam
per latera sranfeunti;quorum,-& oppefitarum bafium productarim
communes fectioncs fint exvna parieipfe., V F, X L, exaliaverd,

AB,Z G, quatangenrvel in latere,, five Jaeribus, vt in,V.X., A Z. g, Huins,

,zgl m‘plamsf %zl.a:crun; %%al!clqgramma; fintautem di¢ta plana,&c.
communes {feGtiones, indefinité prod & in aualibet diGarmm.
communium feGionum,ve . . AP.I‘Odué’ca dhss guahbct;h’.dxétamr_vxg
in, AB, fumptovtcumque o
pun&o, B, ducatur yique. .
ad -oppofitam tangentem. -

vtcumgque in earum ;plano
reéta, BF, illiincidensin,
F, & per, B, ducaturin pla-

no tangente ipfa, BG,pa-

-- - jpd - - . ’ T
drici,P N,per ipfas autem, .

tenfum planum,, quod fe-~ -~ |
cet aliud planum tangens

per, Z G, XL, dutum in
re@ta,GL, eruntigituriple, O
BE, GL, paralielz, vt &
iple, BG, FL, &erit, FGy +*
parallelogrammum., Dus - BT
catur nunc intra didtaops = \ Sk

_pofita tangentia plana eifdenigquidiftans planum,quod erit duétu

s m .
perlatera , cylindricumgue , P N ,fecabit , fit:ductum petlatera, p Ex Lem

{e

0,CI,EM, KN, & productum {ecet planum, F G, inretta, D

H, & planum, quod tranfit per, AB, V I inte&a, PD,& quod
tranfit per, ZG , XL, inre@ta, O H: eritergo, DH, parallela

ipi,BG,&,BG,elt parallela vni laterum cylindriciyergo&, D

Coroll. 1,

‘hoius

q

H, erit parallelaipfi; KN; EM,CI,PO, & cruntipfa, PI,CM,

EN,KH, FH,DG, parallelogramma , & eorum latera opp0-

fita inter'fc equalia ; nempe , B D, ipfi, L H; & DB, ipfi, HG,D

X ,ipfi, HN, DE, ipfi, HM,DC, ipfi, HI,&,DP,ipfi,H" "

O, funtigitoripfe, BF, GL, du@einteroppofitastangentes fis-
gurarum’y, A P'K,Z O N, adeundem angulum ex cadem partes
quia angulus , BBV, eftzqualis angulo, G L. X, nam, B F,eft p:

rallelaipfi,G L; &, F V,ipfi ,LX , & funt ipfe,BF,G L, fimilt= 10, vy
terad eandem partem diuifee in punétis, D, H, per rectas, P D, 0 cimikle.

H, parallelas ipfis oppofitis tangentibus , qu cum ﬁncytcuénquc
D u-
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dudtz , reperitur tamen carumdem portiones , qué facent inter ipe
{as,G L, BF, ex cadem parte , eodem ordine fumptas, efle,, vtip=
{as, BF, G L, nam quia, DK, eft @qualisipfi, HN, &, B F, ipfi,
GL,vt,BF,ad,GL,itaelt,DK,ad , HN, & ita eile oftende-
mus,DE,ad,HM,DC,ad,H'I,&;DP,ad,HO,.namifta:
{unt zquales. [dem demonttrabitur in c&teris, qua fimiliter ad ean-
dem partem diuiduntipias, BF, G L, igitur figure , APK, Z0ON,
{unt (imiles : Etquia carum homologe , tum, P-C, OLtum, EX,
M N, funt ¢quales , quod etiam de cazteris oftendetur eodem pacio, .
funt enim {emper parallelogrammorum oppofita latera ,ideo figu--
rz, AP K,ZON ,nedum erunt fimiles j fed etiam equales,; & res
gulz homologarum crunt ipfee oppofit tangentes, & iple , BF, G
L, earum incidentes. Quia verd figuree, AP K, Z ON, funtin pla-
nis aequidiftantibus ita confhtut , vt earum incidentes fint paralle-
l&, & homologz figurarum , ZO N, AP K.funtadeandem par-
tem incidentium polite , & item homologz partes incidentium , B
F,GL,vtiple,BD,GH,funtad candem partein paritet confki-
rute , ideo figure, APK, ZON ; nedum erunt fimiles , &'equa-
ies , fed ctiam fimiliter pofii@ ; quod oftendere opus erat .

COROLLARIYV M.

T% Anifeftum eft antem , quia plana o '({[z‘tz}zt}ngcrztizz cylindrici,
& P N , dufla funt vtcumare , & eornm, & oppolitarum bafiune
produtarum communes fectiones funt regile bonologarnm earnimdemn,
guod [§ duxerimus duo alia oppofita tangentia plana , habebimns etiam
earnmdem figurarum homologas, regulis adbuc communibus felionibus
borum tangentinm planoruim poftremo dultorum , & earnmdem bafinm
produiarnm , qua conmunes [eltiones cum primo ditfis angulos aqnas
les continebunt , nam qua exiffent ex.gr. i plan oﬁgum, A PK ,erunt
parallele exiftentibus i plano figura , 2.0 N igtenr in oppofitis cylin-
dricorumbafibus homologas babebimus etiam cum quibnfnis refiis lineis
aquales angnlos cum_duabus quibufuts homologarnm earumdem tnuen-
tis regulis continentibus , qua igitur cum regulis homologariimoppofso
tarum bafium cylindrici angulos ad eandem pavtem continent equales,
funs & ipfe bomologarum earwmdem regule snecnon earundem oppofi
earum bafinm , & oppofitarum tangent inm aquéad predifias inclinatze

rum , etiam incideates licebit y vr fupra, maemsres i

LEM:
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T fiderari tantum videtur huius enidentia, quod fcilicet planum
inter oppofita tangentia plana eifdem zquidiftanter duétum
granfeat per latera cylindrici , quod affumpta emidem figura nunc
fiet. manifeffum ; intelliga. ~ ~ T
tur ergo in ambitu veriufuis
oppefitarum bafium cylin=
drici , B N, fumptum pune.
&um, vt , O ,in ambitu fi~
gurze, ZON. Dico pla-
num , quod tranfit per , Oy
sequidiftans planis tangen- R I NI . |
tibus, AG, V L, tranfire I I | I B o

Tatuscylindriciy PO,&ab. o | -

per latera cylindricl, P No &
Ducatur ergo a puncto, O,

Eaeialr

eodem pundo, O,in bafi, - |-
Z'ON,re@a,ON,parals =}

lelaipfi, X L, igitur pla= S NN
mumgq:;od ‘tr'z’_mﬁt per, PO .l ﬁk\%

N

0,0 N ,zquidiftat plano, . -
V L,nam,; P O;ipfi, VX,
lateri cylindrici, &, ON, "
ipfi, X L ; ¢quidiftat, quod- \ A
ergo ducitur per , 0, eidem plano tangenti, zquidiftans tranfic peg
ipfas, P O, O N, fi.n. nons, erunt-duo plana cidem plano, VI,
zquidiftantia , & ided inter fe ®quidiftantia, quibus communis erie
pundtus, O , igitur in co concurrent, quod eft abfurdum , nonergo *
illa funt duo plana, {ed voum tantum, illud nempe, quod ducitur
per pun&um , O, ipfi plano , V. L; zquidiftans »traglitque per; B.

5. Vnded
L cimiEle,

2z

0,0 N, neceflario ::Siverd d punétis, I, M, N, erigantut latera

cylindrici, C1, ME , N'K, erunt cun&ain plano per, PO,0N,
tranfeunte , ergo planum; quod-ducitur per.punctum, O', 2quidis -
ftans plano’, V'L; cylindricum tangentitrandit per latera, PO,CI,
E M, K N, quod oftendendumerat. * ' LT

" THEOREMA IX, PROPOS. XII.
1 cylindricus planis fecetur quomodocumque pet latera
3 du@is ,einfdem oppofite bafes in figuras fimiles, gqua- -
les , & fimiliter pofitas diniduntur ;tales autem ;cggmg,‘.,qix,aea
R D 2 ad
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ad eandem partem fecantrum planorum exiftent : Et fiidem:
fecetur planis patallelisquomodocumqs; omnibus. einfdemy

lateribus coincidentibus, concepta in cylindrico figurs es.

rune fimiles, xquales, & fimiliter pofitz ..

Confpiciatur figura. Propofit.1o..in quaiam:propofitas fe@iones;
habemus, planaenim, A E , M E, tranfeuntia per. cylindricilatera.
iplum fecant, & plana, B N G,C O F,omni~ .
bus einfdem lateribus coincidunt , & funt parale Moo

8. Q G ,.quibus occurrant in , V'3 R,

P Q;; communes {eétiones equidiftan-

lela. Dicoergo figuras, MZH,EIV,efleG= -~ 4 M
miles, & zquales , & fimiliter pofitas, quod'pa-- | y[K.. G

tet , nam ille {unt cylindiici, MH Z I 5, 0ppofie. B A
tx bales ; idem eodem modo. probabiturde figu=- | F’J?’ F

ris, AMH, DVE,&de, ARH,DXE, & C&EL |
_tandem oftendemus pariter iguras, BN G K,C» - Vg fo
uHuinse O F L, effe fimiles , ®quales , & fimiliter pofitas,  DE—SSIE

quia funt cylindrici , B F, oppofita bafes,.quod,
demonfirandum erat ..’ ‘

COROLLARILY M.
: LV, M-
T e g quemuic g lanari foctlone i, appof-
_ tis bafibus cylindrici equidiflantis , in.eo. produétam s eifdesm op--

pofices bafibas effé fimilem , equalens. zz‘ﬁmilitekgaﬁégm o
THEOREMA X.. PROPOS: X1Lf..

oy quis cylindricus {ecetur plano perlatera., deinde féce--
«J wurplanis oppofitis. eiufdem. Bafibus. equidiftantibus::
Communesfectiones planiper latera du@i, & planorum ba-
fibus zquidiftantium , erunt linez , vellatera. homologa fi-
gurarum fimilivm:, quaz ex feGjone. xquidiftantium plano-.
rum in cylindrico effetta ineodem prodncuntur... -

Sit cylindricus , AD M, cuius oppofite bafes, ABC, TDF, fe-
cetur autem plano vtcumque perlateraduco , quadin eo producat
parallelogrammum , B B, & alio vtcumque plano oppofitis bafibus
xzquidiftante , quodin. eo producat figuram, ¥ NXO, & in parala
ielogrammo, B F,rectam , N O.. Dicoredas, DF,NO, B ¢, effe
lineas, vel latera homologafigurarum , TDF,YNO,ABC, fis

mi-

LIBER L. | 4
mmilium .. Ducantur planaoppofita. tangentia. cylindrici , A M, re-
{peétu plaiii, B Fjineodudti, vnius.quorum., & planorum figuras
rum, Y NO, T D Fyproductorum:, communes {e&tiones fint; XS,
M G, alterius autem , & eorundem.planorum fintrecte, Y B; T Q,.
indefinité amba produéte , fumptoautemin , Y P, ytcumque pun-

‘Coroll.1,
hoius ..

" &o, P, ducatur per ,P,ipfi,CF, ®quidiffans ,P Q»8ab:eodem

in plano per, Y P, X8 , tranfeunte viquead , X §', ducatur. vecums
queipfa ;P § , peripfagautem ,QP, P S, intelligaturextenfum pla-

fum , quod fecetaliod tangens planumin , S G, &planumper, T
Q,MG,duGumin , QG, prodican- e

tir autem.ipfe , N.O, DF, verfus, P T A‘ S

&ciungatur, V'R ,erunt igitur, V. R,

“iumplanorunr,, ¥ Q5 NRS S praniy:
PR, 8:ded erunt parallele , vt & ip= .
{2,PV, QR,&,PR, eritparalle-
Jogrammum :Similiter, VEin BropelTe.
-oftendemus. efle parallclogramma ip-. -

- &in quibufuis alijs y qua funt communesiectiones planorum bafi-
~ bus &quidiftantium, & parallelogrammi, B, E , probantes fc {
- eafdem effe lirieas , vellatera homologa figurarumin cylindric
- bafibus 2quidiftantia plana produétarum, quod pﬂendﬁ%e opu

2, VG,PG,NF,OR, NR,&an-
gulam, P §.X ,=qualemiefle angnlo;,
QG M,&tandem, P S,QG;efleine
cidentes fimilium figurarum , YN O;, -
T DF,& oppofitarum tangentium ,, Y P, X 8,
gentes efle homologarum.earundem’ regulas, & qu
diftant ipfee, N O, D F,. & produéta fimiliter;
tem ipfasincidentes, P 8§, Q G, diuidunt:;.nam
QR ,.&,VS,ipfi; RG,ideoiplz ,NO, D
loga figurarum , YN 0.,/ T D E,fimilium,.
gas fecari contingere poteft’, prout fe Habe

lindracee. hiuius cylindfici ; A M, funtlinez ho ®inquam ﬁCDe oo ;
fintintra ambitum-figurarum-, quarum lunt, i &, fupt vero Los
Jatera homologa:, fifint in. carundem ambitu,. contingeret i

planum perlatera: du&um effetiplanum’contactus. us, ppofito=- -
yum tangentium ,.veluti fir cylindricus fuiflee, culus-oppofite bafes
funt, AB C, T DF,exdlufis refiduis figuris ,quz ab ipfis ,BC , D
F , abfcinduntur ,tunc enim.ecodém modo ;fa;é_i‘r}‘f:fu.lf_{f_t_s dgmopﬁ_rg- :
tio, vt confideranti facilé patebit ;; idem oftendemus inrecta, BCs

serat,
HEO-

i
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THEOREMA XI. PROPOS. XIV.

¢ [ duz figurz planz non exiftentes in eodem plano fues

rine fimiles, @quales , & fimiliter pofite ,ille erunt ci- -

infdam cylindrici oppofite bafes.

Sint du {imiles figure plana , &cequales , AQTO, FDNC,
non exiftentesin codem plano , & fimiliter pofite. Dico easefle
cuiufdam cylindrici oppofitas bafes. Quoniam enim funt fimiliter
pofita eruntinter {e ®quidiftantes , & earum incidentes pariter inter

B.Defuo g, azquidiftantes , ducantur oppofite tangentes figure , A Q_T O,

Coroll.1e

huius .

que fint, T P, A B, &figuree ,F D NC, quaefint, FH; N L,
quaque fint regule homologarum earumdem fimilium figurarum,
& fintincidentes earum , & ﬁmiiiumﬁg”: rum i : ; :

IS Sk gl A g
D.Defure erunt parallele , & quia {unt incidentes imilium figurarum , AT,

F N, & oppofitarum tangentiumiam ductarum , ided ad eafdem ex

B.Defuo. eadem parte cfficient angulos equales , igitur angulus, B P'T ; eris

Excouer. &q

ualis angulo , H LN, & idco etiam , P T, equidiftabicipfi , L N,

{a10 va. 8 B A,ipli, F H, iungantur, BH, P L,

dec. Ele. quoniam ergo,A T, EN, {unt fimiles, A

s, Sexti cidentes , B P, H L, fimiliter ad eandem: . P =

Elem.

& zquales, carum homologa erunt pa-, /. __\f
riter zquales, funt autem incidentes, BP, “ q 2
HL,vtipfe homologz, vt colligiturin  §
Coroll. 1. fequentis Propofit.22. indepen-

denter ab hac Propofitione;ergo, BP,H
L ,erunt ®quales, & funt ®quidiftantes,

ergoeas iungentes, BH » P L, eruntequa-  wh
les ;& zquidiftantes . Diuidanturiple in-

partem inpuné&is,E, M ,G,K, & iun=-. o
ganturs E G, MK, erit ergo, M P, gquas . seeetl,
lisipfi, KL, & ;E M,ipfi, GK,&,BE, =N .

ipfi, HG, namquia, B P, H'L, fimiliter = L L
diuiduntur in his punétis , earum partes funt 5 vt ipfe integree , illae
vero funt &quales , & ided etiam homologz partes funt ®quales, &
eas iungentes, P L., MK, E G, B H; erunt zquales , & aquidiftan-

5. Vnde- o ducatur 4 puné&o, K, verfus figuram , F N, ipfa; K R , 2quidi-

eimy B,

ftans ipfi, N L, quiaergo, M K3 zquidiftavipfi ; PL,&,R K, ;

ipfi, N L, planum per, M K, K R, tranfiens:aquidiftat tranfeunti

_per, PL; LN, fecet hoc planum tranfiens per ;; MK, K R, pla-

hum , AT, produ&tum , inreita , S M, & iungantur ,S R , VI, erit
€rg0,

| , I BER L -
etgo S M equidifians pfi , T P, regule homologarum figure; A
T, veluti, R K, ®quidiftatipfi, N L, regule homologarum figus -
ree,F N, &[ecant ncidentes , B P, HL, fimiliter ad eandem pare.
temin punéis , M, K, ergo ipfe; SV, R I, erunt: homologg di-
&arum figurarum fimilium , & ¢qualium , qug ideo erunt @quales,
ficut etiam ipfee , V M, 1 K, & {unt ¢quidiftantes, ergo easiyngens.
tes erunt gquales , & tzqy;u}id‘lﬂ‘ancqs, {cilicet ,SR, VI, MK, eftau-
tem, M K, parallela, &¢qualis ipfi, PL, ergo,SR, VI, erunt
gquales, & parallelgipfi, P L : Eodem pacto per, E G, extendentes
planum ¢quidiftans plano , T L, quod fecet figurarum; AT, F N,
produ@arum plana in rectis , Q E , D G, oftendeinus ipfas , Q O, D
C, efle homologas figurarum fimilium, & ¢qualium, AT,F N, & .
idco eas effe gquales , vt &ipfas, O E,C G, ergo fi wngantur, Q D,
oc s iftg eruncgquales , & parallelg ipfi, BG, ic{eﬁ ipfi, PL; fimi-

fis zquiditantia ducuntur, ofte"nderlxtes,yqua; iungunt exirem
mologarum earundem figurarum , AT, E N , efle &quales, & qm.ff
diftantesipfi , P L; fiigitur, P I ;regula flatnatur , érunt ommes die”
¢tx iungentes in fuperficie quadam ,'per quamipfi, P L, properane
te quadam rectalinea &quali femper ¢quidiftanter, eiufdem extrema
ingiter manent in ambitu Ggurarum , AT ,;F N, ergo hac efit {i-
perficies eylindrici, cuius oppofite bafes erunt ipfe , A T, EN, funt:
agitur, AT, F N, cylindrici cuiutdam (mempé cuius latus eft quods-
wisipforum, Q D, SR,V 1,0 C;)oppoficg. bales jquod crat po-
bisoftendendum. - s ‘ '

THEOREMA XII. PROPOS.’XV:

Vn&us manens, cui in renolutione innititur latus cani
¢i,eft vnicus vertex conicirefpectu eiufdem bafis.

Sitconicus , A BD ,bafis ; B D, punétus); cui innititur latus CO‘:'AoDef,.},

nici, A BD,in reuolutione, qug ab eo fit per circuitum bafis, B D;:
fit, A. Dico, A effe voicum verticemconicl, A oo e
B D, refpectu bafis,BD . Intelligatur perpun- - . S
&um, A-, du@unr planum equidiftans bafi, dico -
hoc_plangm tantummodo-inhoc pun&o tangere
conicum, fi enim poffibile-eft eundem tangat, feu-,
_Aecetin. duobus pundis, vein, C, A, ianéta'ergo,”
A C,illaerit in {uperficie coniculari, & cum de=
fcendat A punco 3 A, per ipfum tranfiet aliquando- -
latus comiciy vt, A B ,igitur s A B yeritin plano ducto per,

A, bafi,
BD,

DCES.
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‘ ‘diftante , & quialatus, A B, indefinit¢ produ&tumoge
;Buﬂgt?g&l l etiam df&un% bafi gquii{i{tans planum occurret indefini-
e produ&:xm ipfibafi, quodclt abfurdum , non 1gitur planumdu-
&um per , A ,bafi, BD ,equidiftans conicum tangit vel {ecatn a-
lio, quan; in pun&o, A, crgo, A ,eritillius vnicus vertexrelpectu

bafis; B D, guod erat.oftendendum .

s ¢ H oL IV M
= P autem dicemus verticem alicuins conici, einzell_r'_g_emm [emper
& ipfum refpettn bafis affumptum » sdelt punitum you1 b renolusios,

e inniritur Latus cylindrici ynift alind explicetur..

THEOREMA XIII. PROPOS. XVI:

,A‘E!‘ eyt
habubidalhadd LN =A== L=y S

@1 conicus fecetur vicumque per vercicem ducto plana,
B

concepta in ipfo figura,vel figurz erit triangulus, vel
gcrianguli. -

. Secetur quilibet conicuss A B F, planovicumgueperverticem .
du&o, quod in eo producat figuram ;ﬁuc.ﬁgums\; ABC,AEFL.

Dico eas effe triangulos.Sit com- e

{

munis fectio illius , & bafis pro-- £

du&i plani,tota ,BF, cuius, C. E,
portio maneat extra bafim,cft igi-
tur, B ¥, re¢talinea, dicoetiam
eflere&tasipfas, AB,AC,AE, oz
AF, fienim non eft; AB, recta,
dueatur in plano figurg , ABC, re- B g™

&a, AOB, igitur, A O Bs qug . ,
iunsgit punéu%}w B, & verticem conieftlatus conici, ABF , ergo

eft in fuperficie coniculari, & eft etiam in plano figurg, ABC , ergo’

oft in eorum communi fectione., ideft cadit fuper, A B ,igitur, A Bs

erit reGtalinea, eodem medo ,o{’tcndemus iplas, A C,AE,AF,efle

redtas , & idederit ,ABC, triangulus ,vtetiam, A E F,quod erag
oftendendum. v

COROLLARIVM. _

™ Odem modlo nobis innotefcis figuvas , qua extra conicums fiunt effe

“ deft, A C E, effetriangnlum , & quiex ipfis inte-

triangulos ;1 R i
rat ilicet y A BE ,paviter effc triangulum .
o f 3 P ' THEO-

. "THEOREMA XIV. PROPOS. XVIIL.

&1 conicius fecerur vecumqye planis per verticem, dinid:.
2> tur ab eifdem in conicos : Etfifecetur v.;qumqi;ep}anis
coiacidentibas omnibus eiufdem lateribus, folida ab ijfdem
abfciffa.verfus verticem.erunt pariter.conici; & corum bafes

ipf figurz abfcindentes. ' T e

Sit quiliber conicus, A MV, fe@us plapoytcumque pey yerticem
duco, quodin eo producat tnangulum , AC D+ Dicoab hoc plas
nodecane in conicos, A CV.ID ;A € M.D, fuiffe dinifum - Si i
Eeligaanis Iaus trianguli, A C D, Ghod B, A Oy el K T3,

»C D ip

%um puncto, A ;indefinité produgum ferri per’ rectam
ciliris, ¢ft autem reliqua., qug.infiftic ambicui; ’
ergo rota f{uperficies ACDV ,eftco- . ey
nicularis defcripta latere , AC, vel ,AD,
properante per circuitum figure-plan®, ¢
C V Dyergo erit, ACV D, conicis, =~ i
cuiusbafisipfa figura,C V. D& vers ) o
tex; A« Eodem modo ofterdemus , A -
C M D, efleconicum, cuiusbafis;, CM . -
D, vertex, A. Secetur nung planovgs
cumque omnibus conici , A-M V; lates~
ribus coincidénte , quod in e producat .
figuram ,BIN E O. Dico, ANO,efle.
conicum , €uits ‘bafis figura,BNEO,
vertex , A, nam dum latps conici, AM
V, properat per circuitum bafis, CMD
V', vtdefcribag eius coniculagem fuperfi
circuitgfm figure' ;B N E O, & defenib
nicubdtem sigitur {upékficies ab eadem:
A, eft conicularis , & folidum compreheniun
na,B N:E O, erit conicus, & ciufdem bafis ip
M5 A, quod oftendere:opus era

i S B &
E x Inc habetur, fi-p

L bet.velfam lineam
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nng fore inkva fIEHram in.,

p onem horune dwornm planor . i fig

communen f;ﬁf;;ﬂi;l)w;o omribus einfdem lateribis ”“f‘”‘zgm?%gﬂ
conico pro@ .z-jfb qui [ecatur plano, ACD ,&ralio, B NE ;
patet i Co’lffii,;i;ferff,'g it ,BE.. Dico nf7, C D ,ﬁ; in trjzﬁc‘-g;jrgm ;ﬁ
quort cog_‘;z,m BE ,fore ntra ﬁgumm ,!% ’I\( EO ;,’;mm 5 'dm, : (’) 4
Mo V’m%m i1 labers non vaIwnEny 7;1[1'\171% puncto .,4, L f} ‘ﬂmﬂ
E}Jémzcw ’ -7%1“” , vt eviam, BN E , & 1deo , BE, cadis intia Jgur 2y
eft aliqna L0V s BE, cadlpsmme
BNEO.

3%

THEOREMA XV. PROPOS. XVIII.

- : -m eius bafim
©1 perverticem conicl, & retam tangentem ’gmsi[?vna
1 extendatur planum,hoctanget ipfum cogzgumi‘_k léi
vel pluribus re&is lincis , que crunt latera conict ,velinp

i . quod erit triangulums fiue —
no rranfeunte per einfdem latera, quod €xit crxanP s ‘

inpluribus triangulis .

Sat conicus , cuius vertex, A, b:}ﬁs _,B CE 9'quan} tangetg%}%g
D Fl in pun&o svel pun&ls 5 ﬁuel n llnFa o -DLTO %3;]?255 lineisz
Tang i i in rectalinea , fiueimpluri v
?azgféepi;iglﬂ;fgicgi? triangulum} ?mm latera tranfiens.

3 ° N X o }
’i‘imgat igitur, DF, hguraméB CrE,., N -
inpupfo,B, & iungatur, A i ’ pelgz o
AB.&,D F, dictum fit extenlum p " A
num, ergo, A B, eritlatus conici, \
C E , nam latus, qugd reuoluitur tran
fiens per, B, congruit re, AB z aho:
quin duz reGtx linex clguderent uper:
ficiem,eftergo, A B,in ‘fuperﬁ?\e Cg;
nicolari, eft etiamin plano Eexj,ﬁ s ni
T F,tranfeunte , €5g0, AB ,ie _C(t)lm
munis tym %pe&rlﬁcg gogfg cz:‘nliu {;u's

1ano per, A st 5" -0 > 1l
guiém%un&us recte , AB,eft m};raitrl;v
perficiem cylindraceatn ; rexr%toég rzla]ré um- |
perd B,ﬂ%%ég?;g};;&% oftendemus idem tangere conicurm ix_ﬁ
o ge&ra s a\i'; lateribus > que ducuntura pundtis _con:a&us ;’Céﬁt&ihiﬂ
Lo ifi fint plures s fitetidm contadtusin omnibus Jineisy

e Fq,c?%u; r;&ag DF,flatio tecta linea tunc conta&usip_f;n:
arocHnidc ) . fFec A ta¢
gvzf B, D F, fivin fingulis rectss lincis ;qux a recta talis @om‘zdu

| 1B ER I
ad verticem, A, duci poflune, iacent avtem ompes illz in plano '
trianguli,cuius bafis eftlinea contadus vertex relpedu eius, pun-
Ctus, A, igitur , contadus plani per, A B, D F, ducifivvel in vna,
vel pluribus rectis lineis , velin plano, quod eft triangulum 4 fiue
pluratriangula , non fecabit autem alicubitale planum 1pfum ceni-
Cum, tunc enim aliquis pun&us talis plani per, A B, D F, tranfeun-
tiseflet'intra fuperficiem conicularem , fit is bunétus, I, iup&a igi-
tur, AT, & produéa verfus bafim incidet intra bafim , vt facilé o-
ftendi poteft, & quiaeft,AX,in plano per, AB,DF, dufo, &
punctus, X, eft etiam in'plano bafis, erit in commun; feétione, ideft
inlinea, D F, igitur aliquis pun@us recte » DF, erit intra bafim,
igieur illam fecabit, quod eft abfurdum, ergo falfum eft planum per,
A, DF, duétum fecare alicubi iplum concum, igitur'illum tanget
1n his, quae dicta funt, quod oftendere oportebaty .0 T

C O";R“O L L ARIVM

Y X bochabetur , fi conicus [ecetur plano bafi ﬂ?éidiﬂézn!e, COMMiy=
nem feltionem huins , & plani perverticem-y <7 tangentem bafim
dulti, tangere figuram d planoequidiflante bafi in-conico produltam, i
;m‘;{n cain fecaret , etiam tangens planum fecaret conicum  quod ¢ft ab-
mrdum . S S SR
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% I conicus plano fecetar bafi zquidiftante,, concepra in
eo figura erit fimilis bafi, & eidem fimiliter pofita.

‘Sit conicus , cuius vertex , A ,bafis, TD F, fecetur ad_té;in plano
bafi zquidiftante’, quod in eo producat figura 5 VBO. Dicohanc
effe fimilem bafi, & eidem fimiliter pofitam , Ducanturipfivs ba-

fis du vicumque oppofita rangentes , quae fint , T H, $ P indefic Coroll.;

nite produéiz , deinde per verticem, & quamlibet ditaruth tangen- huius ..
tium extendatur planum, erunt ergo hee plana tangentia conicum; -

A DF,fecent autem figure, VBO, productum planum in rectis, Penjtes.?
VK,XN, qua crunt ipfius figure, VB O 5 Oppolita tangentesy ooy an”

{umatur deinde in alteta ipfarum, T H,S P, vtin, T Hj vicumg; eeced,
punctum , vt, H,a quo verfus reliquam tangeitem ciuldem figure;
T DE,ineinidem plano ducatur vtcumque’; HP ,in,S P, termi~
nata, deindeintelligatur extenfum planum per, A, &, HP, trans
fiens ita, vtfecet plana conicum tangentia inrectis, A H, A }’, &

- E a3 “plas. .
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] [, vatfus dividatur, ¥§ e ona ealeer incid _'-L ’ . L3
planum per, U K, KN o e b P par Qixll : la,G D fiecasy quaz-énter Fzé- ter incidentes , & perimetrum figurdrum con-
D, vicumg; in punto , G i quo ducaryr ipfi, $ P, paralleta, dator tinentur , eodem ordine fumptasf, cffevtipfas, HP , KN , inciden- ADaf
fecans bahis ambitum in pundis, f, £, ¢, D, donde e)gt;x; aiiur tes funtigitur figure plang, B V QrDT Eyinter fe fimiles , & ha. 4Dl
. planum per, A, verticem & rc&am_, G, quod perconici atcr’a molﬁ)garm}a '.earun'dem regule | Piag;tangeﬂtes_.;_ dl@?'.'ﬁgu;;.={mt in
(@ Hab. £ anie, & producct triangula 1ﬁu‘c intus , fiueextra comcugéq?aa planis &qui d"ﬂanElbU% quarumincidentes fiby e
fint, ADC,ACE, ALF,AF G, lecabicque figuram, V.2 {de o & hOmo.LQg?r;C?«,‘lf:%‘-'?’?‘.l-@_mv'ﬁgumrum.;fu,.nt ad eandem partem incidens
cet cius productum planum in re@a, B M, qué ambitum eiuic i tium, & iplarum incidentium partes homologz pariter ad eandem
V B O, dinidatinpandis, B, R, 1,0, habebxmus_etlan} Frlan%u Ay partem conftitute , igitur figuree, VB O,TD P, nedum erunt fimis
ABR,ARI,A1O, AOM, quorum latera erunt;portiones late- »

les, fed etiaim fimilites pofita, quod-oftendendum erat s - .
R R - N A e R

LLARIVM 1

b

rum inferiorum triangulorum, per planum autem 4 A DG, fiue per
reGtam , AG, fitictta, KN, in puncto, Mo Q’Lga ergo plana, qug

.+ C O RO
perredas,V K, XN, & ALY

PCr N TH , 5P ,,tyaqfeunt ¥ . /5‘-/?‘2\; ‘ TR E T ([{“ Oﬁfﬂﬁt%eﬂ Pﬁ“ fr{ngeﬂies ,ST,XN ,Pﬂf}b i Ologffrﬂm

fune parallela, & fecan- _ U : carisiidsin. Fmilivin Luravemregulas ; & dinéla [unt vrenmiqne)
Ro.vnde, ¥ aplano, A P I, com- —patet fi du _L"'-Hf"msl / s cinfdein bafs oppofitas tangenses, gue cum
cimi Bl munescorumfectionesce rimod dutlis angulos qﬁcxeuﬁ,mqu‘z{e;;,@vbpw_:_,.lpfd SO werticem'y A,

runt parallelg.LKN, ipf,
TP, igiturtriangulus, A
M N, mquiangulus ciit
triangulo, AG P, & 1deod
7.%x; circa aquales angulose-
Blem.  runt latera proportiona-
lia,ergovt,PG,ad,G
A, ficerit, NM,ad, M
A, codem modo oftende-

extenderimihs duo plana ( gnarum plani figure, BY: 0, produtti coms
munes [Létigues evunt alia dus fignras BV 0, oppofite tangentes) guod:
eodem modo oftendemus bas [ecundas tangentes effe homologarum earin~
dem fimiliune figurarum regulas ;¢ insra ipfas. contineiiearundens
quoq; ineidentes i faciens ansem:[ecunda tangentes cun
bos wquales , prima n.ex. grstangens figiie, BY:
parallelaipli , S D, prima tangensi fignr '
Yegur2y, BYO, eft paviter parallela fecnni tangensifiriie;
rum prime , tui fesundg tangéntes [unt:coms :

k3

earundemis:

mus,vt,AG,ad,GH,itaefle, AM,ad, MK, ergo cx_:equ&lg tium planorum , ipfarum nemp figurarnm s ’

P G,ad, GH,crleve, NM,ad, MK, funt igitur, P HL N K, 12 plazonn , & ided funt parallels, & ngilos contineut agiales, wides o
militer ad eandem partem divifee in punéis, M ;G BEodem mode in figuris , qua 4 planis bafi toniciparallelss produsuntuy i habeans) eimiEL
oftendemus triangulum , A M O, effe ¢quiangulumipfi, A G F, &, bowmologas cim duabus quibyfidam regubisieafdens etiam halebimus cung
AMIL,ipli,AGE,&,AMR, ipfi,AGC, &tandem, AM B, duabus quibsfuis alijs angulos aquales cum predittis ad.eandem partem

ipfi, AGD,igiwr,vt,GA,ad, A M,fic erit, permutando, F G, continentibis o Gatao viva b S mrp

ad ,OM, vtverd , G A,ad, AM, fic permutandoclt,P G ad, N ST AT R

N M, idett, PH,ad, NK , crgo, F G ,ad, OM, eft vt, 2 H, ads . COROLLARIVM:IEN

N K, fimilicer oftendemus, EG,ad,I1M,&,CG,ad, R M, &

tandem, D G, ad, B M, efieve, P H ,ad , N K, & quia, K N, cft 3 Atet in fuper ex l‘)(ib;(’ﬁ' 11)ac 12, b't’“ﬁrml’ .

10,¥nde- parallelaipfi, HP, &,NX, ipfi, P S, ided angulus, KNVX ,;cﬂ? varim., qius ex fottione planaram bafi eylin
@miEl zqualisangulo, HP S 5 habemusigicur duasfiguras planas,V BO;

diflantinsm in 2lss producuntny , vel funt oppofit

fraftt coniciy poffibilé effe initenive: ves;que, 7 di :

cumq;oppofitaruiy eannnden tangentiniyiisidentes ;& quid pnéiaing T

H, fumptum oft vicumque, & ab ipfo duifa qual ib;tjizgi;iem;,%’&fl?% pas:

et quod y dulla vicymque in diétis figuris incidente earuin tngentzz-f
3 - ' hSy

TDF, quarum du@a {unt oppofitz tangentes , V K , X N, vnius,
&, T H,S5 P, alterius , inuenimus agtem rectas , K N, HP, intex
ealden pofitas , cum eis ad candem partem. angulos Zquales conti-
nentes , jta fe habere , vt duis duabus. vicumque ipfis tangentibus
parallelis , que digidant ipfas fimiliter ad eandem pactem, k‘epeg:m
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bus , qua funt regule homologarum earundent 5 Poﬂ;flﬂﬁ“repglrﬁri dug ine
cidenses earnndm , quarnmaltera fitiam dubas veluti, alfa, H Py vi-
cumque inuente funt dua icidentes ;K N 5 H P ,quarum altera fung
HT. Etqui homologarum in cafdem incidentes produltarvm , T ac
eas termiinatarym , Portiones, eode‘/fz ozﬂdme ﬁtmpw s lmtproportxonm’
les , fisnt enim, YEIp [ incidentes ,ideo pev bomalogqrum 1’""‘1"&1”’%
talia cxtremafemper tranfeunt aliqua incidentes o = »

: THEOREMAEHWI@PRQPOSOXX;“-
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I conicus fecetur quomodocurg; planis parallelis, cum
g omnibus einfdem lateribus coincidentibus , concepte
in ipfo figura crunt inter {cfimiles, & fimiliter pofite.. .

o L

Sit conicus , cuius bafis, F HG , ver- ST
tex, A, fecetur autein vicumque planis A
arallelis, que cum omnibus eiufdem I:_t-
“teribus coincidant, & fint coneepte in
ipfo figure, DME, B N C. Dico has
eile fimiles, & fimiliter pofitas : Nam
quia planum figure, D ME, coincidit /©
;7. Huius. omnibus late.rtbus; conict, AP HC_}, 1dep(«;>,
eft etiam conicus iple , A D M E, fecatur
Exancec. autem plano eius bafi, DM E, &quidi-
ftante, co fcilicet , quod producit figu- )
ram, BN C,ergo figura, B N C, erit fi- =
milis bafi, DM E ,& cidem fimiliter po-
fita, quod erat demonftrandum .

THEOREMA XVIII. PROPOS. XXI.

3 1 quilibet conicus fecetur plano per verticem,fiue ab

gulis, fecetur autem alijs planis vicumg; bafi parallelis,com-

muncs fectiones, qua ab eodem plano fecante fiuntindictis

planis bafi parallelis , erunt homologe lineg , vel latera figu-
rarum, qu ab eifdem @quidiftantibus planis 10 codemn €o-
nico producuneir o : .

Vie

codem tangatur in plano, nempe in triangulo ,vel trian-

LiI'B'E R I 33
. Vi&c_:atutﬁgﬁ?a‘l)r\vpoi,x 6: huiuss , in qua’ conicus ; AT DF, in--
telligatur fetus plano vicumque per verticem , A, duéto efficiente
triangulum, fine triangulos,A D C, AEF, intra, extra autem trian-
guloin, A CE , & qui ex illisintegratur , AD F, fecétur dutem alio
plano bafi parallelo, quod in conicoproducat figuram , V.BO, &
fintedrum 5 & plani per verticem' communes {ectiones ,BR ; DC,
I10Q; EF. -Dico cafdem efle lineasihom,ologas,eamndcm figurarum,
VBQ,TDF. Intelliganturin bafi dutte oppofite tangentes , T
H ;S P, per quas ;& verticem ,,A »exteridantur plana ; ‘que pariter
tangent conicum ; AT DF, fint autem eorum , & plani figure , V.B
O, produdi communes feGtiones, V K, X N, quas , v ibi, often-

Coroll.T,
huius .

demus effe oppofitas tangentesipfius , V. BO, refpectu; BO, fum- 18 Hujug,

ptas , accipiatur deindein, T H , vtcumq; punétum , H ,3.quo vig;
ad aliam eppofitam tangentem ,,S P , ducatur vicumque ; H P,&
p_cripfam ,& pundtum , A , extendatur planum , quod {ecet tangens
tia plana in reétis , A H, A P, & planum paraliciarum, V K, X N,
inre&ta , K N, erunt ergo ipflz, KN, HP', parallele ; extendatur
planum triafiguli yA'D F:, ita vt fecet triangulum VAP Hinre&td,

AG ,& planum figurz , T D F, produgum , fi opusfit ,in reéta, D
G+ Eodem modo igitur, quovti fumus in.Propof.19. quia, KN,
H P, {unt parallelz, oftendemus ipfas, K N, HP efle abipfis, B
M, DG, (que{unt communes {ectiones trianguli , A D F, & equi-
diftantium planorum,VBO,; TDF, & ided funt parallela )-fimi-
liter diuifas , & ad eandem partem in punéis, M ,G , vade , vtibi
oftendemus figuras, VB O, TDF, efle findiles , &earum, &tan. .-
gentium oppofitarum, X N; VK ; S P, T H; incidentes efle ipfas,

I N, H P, & tangentes efle regulas homologarum.earundem, qua-
rum duz funt ipfe, BRIO,D CEF, coniundée ; fiueiple ,BR, .
DC;10,EF. Eodem modo, fi propofitus conicus fuiflet’s cuius
vertex, A ; bafis altera figurarum a bafi, TDF, per'rectam; DF, -
abfciflarum , vt ipfa s D TP, oftenfum effet ipfas, BR; DC;10,
EF, communes fediones plani-conicum tangentisin teiangulis ;A
DC,AEF, & planorum zquidiftantivm , EV-Q,; D TF , efle ca- Sed boe

etiam per

rundem homologas , erunt autem in' hoc cafu latera homologa ; ve- - “ieco .~

fut cum {unt intra figuras funt linex homologe earumdem, quod e= rollar. ex
rag oftendendum . CR : Prop. 19¢

: . . dedf;_xcipo
e ' N tuiffes .

~ COROLLARIVM.

1nc habetur, i propofitums fuillet frufluin conici BT Fy uod eins

omnia latera produfa coincidiffent invno puntio, A yndes

oftenfumn pariter fuiffet communes [éCtiones plan: perejus latf:*fa trane
‘ o enn-

LIS
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feuntis vt iplius , B D F O s quod:femperel.trapeginmm., & ‘t?ﬁi’fmkg'ﬁj
BO,T DF, fine cifdem aquidiftantinm inter-eafdem duitarum., ffe eas
sundem lines ,vel latera homologa , vnde pacer communes [ettiones
plani per lasera frufti conics duliy &ciufdem bafium oppofitarune »fing
*eifdem equidiffantinm inter eas produttarum figurarum ; ;ﬂZ' carnndens
Adineas , el latera bomologa ; lineas , inquawe , cum [t intra ﬁigur.ag
ec fumuniny in plano tangente : latera s ciém [unt .in earum circuisiy
gumnempt fint in eodem plano tangente s in eo pracisé ;quod éfi pla
num contalfus frufti conict (contalfus [tilicet einsplani , quod.per vey«
zicem ducitur) quad [emper eris trapeziim s veltrapezia, vt patere'pea
teftin trapeziis, BRCR, I EF O, qua effent planum contaiius fiufl
conici s fi idem fruftum tangeresur 4 pl@no tvianguli y A DF o o

THEOREMA XIX. PROPOS. XXIf, . -

I dua figurz plane fimiles,non cxiftentes ineoderm plas
no ,fuerint inxquales, & fimiliter pofite; crunt cuills
fdam frufticonicioppofitz bafess S

Viamuradhuc figura Propol.r9. & fint dug figure plane quas
cumque fimiles , inequales » & fimiliter pofitg ; non tamen exiftens
tesin codem plano, 1ple, VB O, 'FPF. Wico,quod eruntams
bz cuiufdam frufti conici oppofitg bdfes. Quonidmergo ﬁgm‘c;'a:_v

DuDefeo. BO, TDF, funt {imiliter pofitee, & non in codem plano;, erunt i
. huius. planis gquidiftantibus , & quia funt fimiles fint earum incidentes, &
oppofitarum tangentium, qu {unt earundem homologarum regus
lee,iple, KN, HP; KN, ipfius , VBO, & yHP, ipfius, TD

& predidte tangentes figure , V B O, fint iple, VE; XN, & i-

gure, TDE,iple, TH,S P yeruntergo ipfee , K IN ,HP yzequi-

~ _ diftantes, & quia ad tangentes, que {unt regulee homologarum, illg
Lommet® efficiunt ad eandem partem angulos eequales’, erit angulusi; K NiX,
i zqualis dngule, HP S, & quia, K IN; eft parallcla“ipfi , H P, etit
etiam , X IN'; paralléla ipfi,§ P. Eodem pa&o-oftendemus , V°Kj

efle parallelam ipfi, T H ;ducantur infiguris; VB O, T:D.B , duk

earum homologa regulis dictis tangentibus , qua fintipfe , BRI

" O,DC,EF, fintautem tote, B O, DT, produée, fi opus fit, vt

fecent iptas , KAN+ywH P, quagdiuidefit fimiliter ad candem partens,
vtinpundis, M , G, & quia figurz propofita {unt inequales, fic

maior ipla, T-0 F; igitur etiam’maiog erit , D.C, ipfa s B Ryyvel 5B

¥, ipfa, L O, fi.n, effent cifdem quales , etianm religua homaologe
his parallelz eflent gquales, cum omnes fint proportiopales (fant.n.!
‘ B

- LI Y BIELR T 2y

v¢ Incidentes)yade ctiam figure eflent & quales, & fi minores, etiam

ipfa figura, T DF jeffet miner figura , BV O] contra fuppofitum,
eftigitur , D C, maioripfa ,BR,eft autem, vt ,DCjad,BR,ita, ‘
PH,ad; NK,namve, DG ;ad, BM,icaeft; P H yad; N.E, & A Defio.
etiamitd, CGyad,; R-M yergo réliqua; D €, ad ‘reliquam , BR; &9

erit ve, P Hyad, N K, fic etiam efle oftendemus; EF,ad s [ O;5 v,
PH;ad,NK,&gquia, DCyecft maior ipfa, BR; vels EFyipfa,
10yided , H P, erit inaior ,K N, fi igituriunxerimus punda ; PN,
HK,ipfe, PN, HK, fi producantor ad-partes ipfius 3 N K con-
current, vt in, A. Dico, A, efle verticem conici . cuius eft bafis ipfa,
TDF, &explanoipi; | ;- - & . .. & ,

T D F, ¢quidiftanter du-
&o'elt in ipfo concepta © v
figura’; V.B O. Quiaer-
go.5 N-K; eft pardllela:

iplr, P b, crunt triangu-
la, ANK, APH,¢qui-

angula,. &circa ®equales’ | &l 2

angulos latera propor-
tionalia, igitur , H P, ad,
PAjeritve, KN,ad, N ¥~
A, &; permutando, H . .
Prad, MK ,ericve, P A, ) 5 ‘
ad, AN, veauteny, PH, . .0 00 o0
ad, NK,ita eft; PG,ad, N M, nam ipfa, HP, KN, fimiliter
funt divifein puné&is, G, M, ergo, PA, ad ; AN, erit vt PG,
ad, N M, & {unt parallele iple , P G , N M ,ergo punda, G, M,
A,cruntin voare&alines, fitilla, A G, igitar,vt,P Gad, NM, g Lemt
vel, PH,ad ,NK, itaerit,;G A,ad, AM, eft autem s P H ,ad, pae ieq:
NK,vt, FG,ad,;OM, & vt,EG ,;ad; I M, & tandem , vt yD
G,ad,BM,ergo, vt, G A,ad, AM; ita crit,; F G, ad,OME

G,ad, IM; CG,ad, RM; &, DG, ad,BM,érgo, cum fint
parallelz, erunt tum pun&ta, A OF, tum, A1 E,;A R C, tum etiam, - :
ABD,in vnaredtalinea , extendantur ergo dicte re¢t line®, qug Ex Lemd
erunt, AF, AE,AD, AC. Eodem modos fi per duas quaslibet mate feq.
homologas figurarum ; V.B O, T.D F, planum extendamus , fietin -
cxteris demonftratio; igitur fi fumaatur inambit: figurg; TDE,
qigcumq; pundta , que iungantur cum punéto ; A , femper. iungen-

tes tranfibunt per circuitum figuree, V B O, ergo figurg ; T DF; &, )
V BO, eruntfrufti conici oppofitg bafes ; guod.a conico , AT DF, Definess
ablcinditur per figuram , V. BO, quod erat demonftranduym. - . - -
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% Vonlamoftendimts ytum, D Ty BR , tum erian, EligI 0> ?ﬁe v
@ ipfas incidentes s P H , N K, habetur fimilinm figurar uim );;Zgnc;q
logas pariter € e, vt !n-udz:ntes. e:n_-umlf;m , & oppa/'ita;jum tan%:z i &;
que funt earpndem reg@lm,‘ql‘sodv‘.m diffinigione .aﬂ',zmlttzg; con §odém
ANt s o GUA Inter CIrCuIcum figurarum . & lpjizs et entes , €0
ordsne fumpte, continent ur . :

COROLLARIVM IL

Y Atet etiam ex bac , & 14, buins, omnes fimiles fi guras planasjpo,l]é
| g effe alicuins cylindrict, vel frafti contci, o,ppoﬁr:_zs bafes; vude que
pro iliisin Coroll.2.19. buins colliguntur ;pro omnibus fmilivus figw
vis planis etizm colligi poffunts

LEMMA PRO ANTECED. PROP.

@1 inrectalinea fign:ntur wia punéta, primum m‘edmnz].,1 & po-
S firemum , 2 primo autem , & medio ducantur gd ean Cl(’;‘l pdagz
tem dug inuicem parallclgita te habentes, viedyétaa p}nmo ade ua
&am a fecundo, fit veluti reéta inter p(mgfpm s & pol remuxp pp?{’_‘
Qum pofita, ad eam, qug inter medium,. idem poﬂrc;yuxﬁ 1:;1 c&
Extrema punéta parallelarum, qug non funtin propolita linca , &
illius poltremum ; eruntin refta hinea. '

Sit propofita recta, AC, in qua fignatis vt-
cumque tribus punétis, C, primo, B, medio,
&, A, poltremo,a puf'lﬂ:li,\(« , B, educantur
ad eandem partem dug inuicem parallelg, que
fint, CE,B D,itafehabentes, vt, CE. ad,
BD,fit,ve,CA ,ad,; AB. Dico puncta,
A, D, E,cffeinrecta linea, fi enim ( iuncta,
ED,) ipfa, E D, produ&ta non tranfit per,
A ,tranfibit fupra, vel x;nfra , A, fecans, CA,
(nam , B D,eft minor ipla, CE, vteft, A B,
minor, A C, ) tranfleat, ve per , M, quia 1gi-
tur , E D M, eft recta ent, M CE, triangu-~
lus ,in quo lateri, CE, ducitur parallela, B
D, «rgo ianguli, B CM,DBM, erunt ®- _ o o
quianzili, & circa zquales ar}gul_oas latera proportionalia, ergo, pcg
mutauéop C EB 5.1'3&;; B D;CHE V&QC M, ad,MBaeﬂau[%nzgg
v : ] 5

_ LT BER L <
Eyad,BD,ita, CA,0d, AB;ergo v, C M.,ad,MB,ita erit, C
A, ad, AB dinidendo OB, ad, BM , crit ve, CB,ad,BA, cr.
80, M 8, erit xqualis ipfi, B A, totum parti, quod ¢ft abturdum,
nonigitur, E D, produéta tranfit fupra, A', eodem modo often de«
mus 0on tranfireinfra, A , ergo tranfibic per, A, ergotria- punéia;.
45 D; B, ecuntin recta inea, A E, quod erat oftendendum, -

- THEOREMA XX. PROPOS. XXIIL,

I’ duarum quarumlibet fimilium figurarum habeamus
) homologas cum duabus quibufdam regulis’; habebis
musetiam homologasearundem .cum duabus quibufuis a-
Lijs, cum preedictis angulos zquales ad candem partem fa-
cientibus. T e

Patethec propofitio , nam quazcung; figur plang fimiles, fifine .

zquales , « fimiliter pofita , potiunt eic cuiutdam cylindric) Oppo- 14.Huius,
fua balzs , G fine in.equales, oppofitie bafes fruft conici, in'hisdu- . vy«
‘em contingit, i habeanius homologas. cu mfduabﬂﬁi‘gﬁ‘ibbiaajﬁ 2 us
zulis ; nos caldem . habere cum alijs duabus quibuicum que cum przs. Coroles:
lictis angulos axquales ad eaudem partem conflituentibuss ergo hoe &2 14

z2.Huius

> A . N E - b 55 C .
n quibulcumque planis fimilibus figuris -verificatur ; quod eft pros e
poiitum . - o . . I

COROLLARIYVM
P quiaincidentes ad bomoloéarum’[xfmx_‘ltfumﬁgyhjz;ga: w.regulas ans
4 gulos ad eandem partem efficinnt equales, ided & ipfa incidente:
runt bomologarum earundem fimlinm figurarum regul o, yice verfs’
n quibnfdam vegulis bomologarum poterunt [umi earum ncidentess. -

THEOREMA XXI. PROPOS, XXIV, .

%E in duarum fimilium figurarum oppofitastangentes, que :
.} earundem homologarum fintregula, incidant duzres -~ -
e linex ad condem angulum ex.eadem parte eafdem fe-
antes ; duckis vero quibufdamduabus, pradicisrangenti.
vus parallelis, in didtis figuris, qua fecantes dinidant fimis
iterad eandem partem , velaflumptis ipfis oppofitis tangen.
ibus ;seperiamus harum portiones inter incidentes, & cig.
Fa 0 ek




Cede i

nitionis» §, crunt homologg earundem Hmiliume

Y ad, TO,eltve, BF,ad, N R,&,B

19. 822
hmus.

i RO G, cft etiam angulus,P L E'

CEOMETRI E o
em ordine fumptas , ita {B h abﬁeﬁie’fﬁéf"*
" i@ \tibus inciderunt, ifte , qua illis

; lx,qua didtis rangentl incider  , QU HLIS
%ﬁifﬁggﬁgt, erunt tum ﬁmih‘qm‘ pro poﬁtaz um ﬂgumxum;pgtﬁ
duGarum tangentinm incidentes.
B fimiles plang ﬁﬁgﬂfg ,IA‘C El, Tfﬁ;ﬁi ,ﬁtgxi:
- tta oppofite tangentes hoOmMo q{ga_r_uir} e indern FeBLS
i ke A B, & M N,V R} gig s MV ipcidan
mt’em eiﬁi'dem’ad cundem angulur cX cadgm parttildtllg ggga T @Z‘
au : ipfis-td ibus.parallele ,,C 1) ;4
. xdam dug 1plistangentibus, paraiicia 2 B
& duitezsa xi;?;stljug% A’H;\l R (P& cqnlcq_qeptgr‘“xgm@gng;g? J v% 8511@?
ie:f?e?) fimiliter ad candem partcim »reperlﬂ}n_uss C D».?Ts;; BE 4 N
paritér, 1D, 24,8 Osellcut, BE, ad, NI, DlEC B
R c(fe’ih"c?dentéé a’imirimﬁ‘ﬁgmal'ul?z vy s CLancrin s,
c;ﬁtarum tangentium V'R 5 Ml\"ﬂal -

JEF,AB. Ex dictisigituriplg ,CT,T

44

cuitum figurarum cod

Sint dug quecumnd;

ﬁgurarum’ LAE, MV, & quia; C D,‘

o

F,ad,NR,vt, D ,a-d,SQ,qraF,g
D,ad, TO ,vt,}D,_ac!,SjQ,xgxégIL o
unéa, D, O, reperientut i1 'dua‘ i{?% b
Sictarum fimikivm figurarum & OpF ,
pofitarum tangentium , incidentibus;
fintillzipte ,H G, P L, qug cutn 1‘})& : T _
s, TO,E€D, a?qp-ales angu{os ad
gandein partem continebunt, Dicc ta
men etiam iplas, N R, BF, e{f@@
rundem figurarum , & tangentiumy, - -
cidentes ; Sint punéta conractus tangentiuml
fis,NR,BEF,ipla, V,E. Dico

3

,F E,RV,proximaip-

s, CB P, &?qu:iturq-ngu-lo:,v
liquus , P D B, gquabitur reliquo,

liquusin triangule , DF L5
lo,0RG,& ﬁc-_m_angulg,-F
etiam probabimus triangula , |
funt gquiangula inter fewiangy

B,

\EB,ad,V R,efleve,EB,.ady
> ad, G H, quia verd angu=

RN,nam, EL,ad, VG, Cﬂ'IYB }I:i}&a, Pl Bﬁv,"iqpﬁ;, T @N.,,I‘Ef-
HON, & ficetiam, FD L*—f?ﬁ”‘
s¢qualis angulo, HEG V,_l‘deo_ re=
ideft angulus , D F L , erit gqualis.anglis
DL,ORG,ecrunt ®quiangula, ¥t
DPR,0QHN, efle gquiangula, ficut
la,FDL,PD B,&,RQ‘Gs%S
‘ LD,ad,DF,fic erit,P D,ad, D B, permutandds
?f}tggf“g i’)a. e?t’ift ;‘E D,ad al? B, coi‘m?pn.epdo {LP, adi)l‘)‘:f‘)j
ent vt , F B,ad , B Iy ; permutando ,L P, ad, F'Berie ve, B D53

BB yideftve, ELO 9d ;ON; aty vtfupra yoftendemus, H O, ad, .
ON yefflevey HGyad, NR eigoy P L ;ad ;B B; eritve, HG,
ad ;N R yeratautem, EL,ad VG vt, PLjad sHG yergo, EL,
ad, V. Geritve,;BF,;4d ,NR, ‘quia verd ;B P, dd ;N R ,eft Vi,
DF;ad,OR, (ham,B P, N R (untfimiliter dinifz inpundtis,
D,05)ideftve ;¥ L, ad; R G, ergos E Ly ad, VG s-eritvt, B L,
ad, R G ;ergoreliqua, EF s ad, VR erivve tota; ELjad y V.G,
teft viyB:F ;ad, N R+ Idem oftendemus de’ quibushibet du@isipe

fis, E £, VG, patallelis Jqugdinidant, BF;, NR , fimilitetadeans - . -

demparteni’, nempé eas; quee inter ipfas ;BF; NR ; & circuitum
figurarum , AE, MV, eodem ordine'fumpta continentur , cfle vt
iptas, B F, N R ,¢rgo; BF ;N R, funt incidentes fimilium. figara-
rum, MV, AE; & ducdruin tangentiam »quod oftendere opus erat. B
L R A R O L T P R v ey

T Noose[tit exfhoc confequenter duarigm fimitinm fgurainm o eas
rundei Oppofiraitim tangentiim:; que funtregule; homologarum:»;
tum tneidentes fimiliter dinidi ab-homologis earundem Baprarum:ypros
dutlis; fiopus fit.. tum quafenmgue alias , que cum homologis angulos
cogivinent aqualcs, viexempli gratiaipfe, N R, BE-5oBtvlenins. ips
fas homologas efft tum »t quafpisincidentes yeum v etfdem para
tdeflexigriCF,ad T Sunidumerit vy P L, ad , G, fine.
N R, /e egiﬂln »t B Fy ad quamer ' B p;z«;‘&jlle"lh}sz.- ol N,
dulfum rater: parallelas ; M N5V Ry nans illy erszagyalis ipfi N
Paret igitur .duamn’;ﬁmilium»’fzgu‘ram_ikﬁb\’om‘b!o gas nedinvefl> veeas
viin, & oppoficainm carnndenm tangentiingy quafuns veguba homolos

gavam , incidentes , (ed etiam vt quafuis alias inter: eafders;tangentes

duétas ipfis incidentibis wquidifiantes ,fixe ad homologas fimlin
varum equalicer inglinabas o 0 T DRG0 T 0T
| . . TS . - ’

THEOREMA XXIL. PROPOS. XXV.

S I quacunque fimilesfigura plane dreis lineis defcris
A2 bantur ,qua fint earundem homologZ, & inter fe zqua-
les ; fuperponanturautem ad inuicem iplee figura ,ita ve éa-
{dem defcribentes récta lineaifibi conggaant, figuraq; fing
fimilicer pofitz , illz quoque erunt ad invicem congruentes, -
Sint fimiles figuiz planz, ABX C, EF P G, queeung; defctis-

Ptzabearundem homologis , & @qualibus re@is lineis ;B C ,R G,
\ o - qua

Defuos. '



R

CEOMETRIZE

48 : fibi'congruant; &

ita inui rponantur, ve , B €, F G, fiblicongruant, &2

D-Defire que ‘lﬁggﬁﬁﬁr{?fﬁgx . Dico etiam ipfas figuras admulzcg jt;og

M IpLe tes. Sint oppofite tmgentes-duc’tx.pro-ﬁg;ul‘a-n i Fﬂ

'.C’Oﬂgn;f% ;{Q_LL‘Cglﬂ&, BC, & pro figura ,EF [ G, egula,. i

coroll.1. ‘gf};x EM,P N, quarum figurarum,,ac oppofitarum tangen:
SILIUS . N By 1

L lint quoque incidentes iplg, DQy M N, P_rodx;x&lf{vcg?i,féi
BoDef.i0 LU s . D QM N, ilbis incidantin punétis ;O , R, & luper=
PG, ver E;Czra N BXC-, figure, EF PG,iave, B C, con%lg;
i ?‘nafwué & ﬁn’t fimiliter politg : Erunt ergo ipfe -Lﬂ-‘?ldcﬂg? ’ s m?
D Debo- B d . ndem partem figuracum iam Lu_pcl:poﬁtamm,- 10U e
10. MNI ‘7 ?;3% i congru‘:nms-’-ie‘d in noftro caiu erunt V‘Euir};g%l;r% cfﬁ?
Fmenin ve, 5 Cyad, £, it fi, DQaad, MN, iple verd, B
ADefie. O, F G, fint gquales ;etiam, D Q M IN, gquaie » licyt ctiam,

v Jer [ U&USI
C O (} R 3 ( qu:ﬁ wae neer 16 Ly D %MN J) elng-Cuﬂl pu 5
3

et @b R 8. Qs exventaiuper ,M Ny
B, pofitusticin; F yerit, @, i, Ry 825 D Q5 X

iam, O, M R, fint gquales
& cumetiam, D, M R, 9
pundétus, D, eritin, M, fic autemn oﬂqn—
demus quoque pundctum, Ckcad(‘rcaf]_,
N , & confequenter, X O\,.cadcrc.‘.ugsx s
P N,&,AD,luper, EM, fi ergo figu-
ra. A B X C, cadens fuper, EE P -G,,-.nuzn AN
e;(;x:sgmit illi , efto quod ceciderit, ﬁpo‘ -
fibileeft vt , BV 1 G ,itave ambitus exyf ¢ Za
gra ambitum cadat , tumpto aniem gut(]_)u al/
cunque pun&o, [, quifitin ambita fi-
gure; VEP G [, ied cadens non iname
bitu figure, EF PG, per _1pium ggi\:}-
gur, T 2, parallela, E M ,iccans, > azambitum fgure, EF
in, Z,ambitum figure, V P10, V, [, &amb m g §uaa
P G ,in, T, S,erunt autem homologe , V 1, TS, uliles nfcnoria
C.Dehn. Jey cu n fint , vt incidentes ,DQ.MN ,q‘usg‘f%1t§% ‘1. s, ncenon
a ales relique vig; adincidentes , DEMPE 5 3 & 51 &5 Ju sty
& Detin- £ a ; im. [,noneftin S, non ergo cadel ambitus i
- P pun%qsfen ofic ipfi , E B PG, vedictum cit, extra ams
%m% ef?u?d}é{r; f’igtggr.,PE F E’ G, i’gitur cadet {uper ilhus;mgntuupiz
iéf’; figucg erunt fibi 1nuicem congruentes, guod oftendendum crate

C@ROLLAREV,Ma

’ g ; les ab aquds
; infuper ¢ Aligitur fizuras quaftumq; planas fim
jﬁ; }ix'!ijc m%f;?riceis,tgznqmm b bomoslegus, d fcriptas 11ter (e qna-

© ‘ g " 2
565 €ffc ;C%m ![tgﬂd Eﬂm&'é’mﬁuPU?OIHPO}il/lu;E’iﬁW COngy ant v‘-l"ﬂ:

Lol B BRI
i Prop, cfemnﬂréw;e, Ervice verfaft figura fint finmiles; & equas
bes , evram hotnologas aqhalesff , fientm inaquales iffent , etign, 1pfa
figura inzquales effent , quod ejt abfurduni ;¥ lreriys antem patet ,ff
fintinuicem fuperpofira ,.ita vtﬁmtilrizcr;ﬁu:_.’mﬂﬂt}mm sue dne quanis.
bomologe tinicem fuermt’ congruentes setian: ipfas figuras. fore-con- )
Sruentes , alioquin fequerentir abfurda fuperins demonflrata, cum que-
uis alte homologa neceffirid.quoque fint aquales, qua enivi congrueruze
Junt aquales’, &g [ubinde etiam incidentes , & quanis alig bomologw ins.
ter fe [unt equales. A S R R

_.THEXOREM&XXIH; PROPOS. XXV;;

&Y plana fe fe interfecantia, primum empé ;& fecundums;
fucrintavtem alia duo parallela.quecumque plana ,quibus.
pariter incidant duo alia plana fefe dinidentia;, primum ff«
militer , & fecundum : Eorum autcm cum paralielis planis’
gommuncs‘[cé?;i‘ones-'ang‘uPos;qquqlésscénapreheﬁdenim,‘n:ec‘-i: )
non.primorum;, ac fecundorum planorum. mutuz feciones
ad communesfectiones primorum planorum cum planis pa-
ralleliseffe@as angulos zquales conttituerint, ipfa vero pri-
ma planaad plana-parallela &que fuerint ad eandem partem.
inclinata : Eedem communes fe@iones ad communes fe&io-..

-nes fecundorum planorum cum planisparallelis effetas ans

gulos pariter conftituent zquales, necnon fecunda plana e

runtad eadem plana parallela zqualiter ad eandem pattem .

_inclinata, - ' - AR e

. Sintduo parallela quzcunque plana, BD, HV, quibus incidat’
‘duo plana, H A, primum , AV, fecundum {e fe fecantia [inrecay
A G. Sintnuncaha duo plana qugcung; parallela, LQ;& A, quis
‘bus pariter incidant alia duo plana, LY, primum , &, KA, fecus-
dum, {e fe pariter fecantiainre®a , K'Y, communes vero fe@iones;
BA,AD;LK,KQ, incidentium planerum cum planis paralle- '
Is contineant angulos &quales , fitnempe , B A D, angulus @qua- P
sanguio, LK Q, (eritn.&, HG V ,equalis ipfi; & ¥ a ,) fimili- 10, Vride.
eriple, AG,KY,cumipfis,GH, Y& »angulos conftituant - cimi El
uales, & prima plana, 3G, LY., ad-plana iparallela sBD,HV;
L.Q, & 4, fint &qué ad eandem partem inclinata. ‘Dicoangulos,
AGV,KYv, gquales efle , necnon fecunda plana, AV, Ka,ad
, ea-

,



48- GPBOMETRI FE
Defin. 3. eadem parallela plana effe 2qualiter ad candem partem inclinatas:
vadscEl Siigiter, AG, K Y, eflent diés platiis parallelis perpendiculares
13. Vodes oo difeftum eft quod anguli, AGV , K Y , effepr 2quales ; idefk;

cimy Ele

T, que cifdem
fint perpédicus
lares, incidanz: -
autem {ubicctis
lanis in pun-
}é)tis, E,T;de
inde 2 pun&o,
Asad, HG,V
G, productas,
ducantur pers
pendiculares; A
F, quidem ipfi;
vide di-H G, &,AP,
fa Lib.7.jpfi, VG, ingi-
AMN9F:  dentes in pup-
&is,V,P, nifi
forté, AG, effet
alteri eardi per-
pendicularis,ve -
contingere po-
teft, & rungane
tur, B P 5 EG;
EF; fimiliter in
alia figura ca-
dant 2 puncto,
K, perpendicu-
lariter fuper ip-
fas, & Y,AY,
produdas, i o-
pus fit; iple, K,
o 2, KX, &iun-
&7- Trimii gaptor fimiligery T

recti, & piana, AV,
fint perpendiculares,

K A eifdem planis parallelis ereéta ; fed non.
& d punétis, A ; K, demitrantur ip_fcg SAE K

X, TY,&,TZ. Quoniam érgo angulig"A B

Elem & K ZY, funt redi, ided quadratumi, AG , erit quales duobus
quadratis, AF, FG , ficut quadratum,, K'Y , &qaale dyobus, K Zy
ZY ,eftautemetiam quadratum , A F, ¢quale duobus quadratis , A
B,EF, quiaangulus, AE F,rectus eft, & quadratum, K Z, pari-
terzquale quadratis, K T, TZ , ergo quadratym ; A G, ideft duo

. qua-

AT B CECRY g )
q:gaz‘irats_’, A E sEGy(quia etiam , ARG Sreduseft j&i:[iuahumur
tribus quadratis, AE, EF , F G, vade, ablato communi quadraro, .
AE, quadratum, G E, ¢quabitur duobus quadratis , G F,F & spagi 48.Lrini
ratione autemn probabimus quadratum , Y T s&quari quadratis, Y 51;5’;‘;“6“
Z,ZT,vnde anguli, GFE,YZT, re@i-erunt ; & eodem modo Elem,
proba-bxmus: eflerectos , EPG,TX Y,ergoanguli, AFE:;, K Z T, Defin.6
f;l_runpavn‘gul:.l mclinationis primoram planorum , BG, L Y, cum ju- Vod. Bl
biectis planis, HV, 8.4, & ided inter fe zquales : Similiter anguli,
APE, KX T, erunt inclinationes fecundorum planorum, AV, K
Ay cum cifdem fubieis planis . Quia ergo anguli, AFE, KZT,
funt xquales, & , AEF,K T Z, re&i serunt triangula , AFE, K
ZT, inter (e fimilia , veetiam triangula, AFG, KZY, interfe,
namanguli, AG F,KY Z , funt quoque zquales, & ,AF G, K Z
Y, recti; eritergo, ve, EF,ad,FA, ic,TZ,ad, ZK,&vt,A

B .ad B2 G W7 o1

=Sy Il AN g aas ZY, CIgoex a:quaii-,ﬁt';b, Fyad, Flxy
maerit, TZyad , ZY 5 & funt circa rectos nempé equales angu- Seyed
los,GFELYZT, crgo wriangulas G FE, Y ZT, pariter fimilia &0
erunt, anguli igitur, EGF, T Y Z , adequabuntur ,totus-autem, .
PGF, o, XY Z, zequatur; ergo reliquus, EG P, erit gqualis re-

liquo, TY X, &funt re@i,E PG, TXY, vt probatum eft yergo. .
erunt, GPE, YXT, fimilia wiangula, igitur, vt,PG, ad,GE, - '
ficerit, XY,ad ;¥ T, vevers, GE,ad; GF,ficelt; YT;ad,YZ, -
&vt,GF,ad, GA,fic,YZ,ad, YK, ergo ex-aquali , PG ;ad;
GA,eritvt,XY,ad, Y K, habemus ergo duo wriangula; A PG,

K XY, habentia duosangulos, A PG, KXY, equales, funt.n. res
£ty circa veroduos,PGA,XY K, latera. proportionalia’, & relis
quorum vtrumgq; fimul , P A G, XK Y, minoremrecto, e GO.erunt 9, Sexes
dimilia, &anguli, PGA,XYK »¢quales , vnde reliqui, A G V, K Elem, -

Y A, pariter ®quales erunt, quod eft viam propofitorum ..y

o~ Rurlus,quia,PE,ad,EF, eftvt,XT,ad,TZ; B antem:
ad,EA,vt, TZ,ad, TK sergoexequali, PE;ad, E A, eritve,

X T,ad, TK, & funt circa gquales angulos, RE A, X TK, latera o
Pproportionalia , ergo triangula ; AP E, K X T, fimilia erunt , nec- 6: S6%e
nonanguli, A PE, KX T, inclinationis fecundorum planorum , A Eléte

V, K ascum {ubiectis planis inter fe zquales , & ad candem partem

quod etiam demonftrare propofitum fuit . o SRR

THEOREMA XXIV. PROPOS, XXVII. . ‘
Ofita definitione, quam affert Euclideslib.6. ELde fimis
libus figuris rectilineis , fequitur pro ipfis eriam definis

tio geneneralis ; quam de omnibus {imilibus figuris plapis
ipleactuli. o T e Spe
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. ‘ere@tinnee, s 6 U BH,MTRP N; . §2
. sint due vicumque ngure redtiuned , i b L B H,]T '3 ) orfhala\ e 1o ‘ o
Prims es wxta detinitionem Buchd's ; idelt fingulos habentes angulos tesa proport oFel a\ o kA, NMT, fum’a’qU"’WEwls 6, Sexgy

Y, Sex- fimil
{Biem. ®quiles, : ]
los latera propnmonahaq

Sanguhis ARE, MNT;ALR, MTN,interfe covales. o

: 3l &£ i ales
cum anguli, AL G, MNO, fint 'a‘aumtéjrdiqm ,%t?h . :{:‘zﬁa Elem,
G serunt&quales, iunt ctiam aquaiesanguli, 1 G B, N O/1, ergo

A,M;B, T;D, R;P,E; HN,&circazquales angue
Dico eadem efle fimules iuxta meam des

itione 0 ducautur duE Vicum Jue oppolite earum tangentes, gl i, > | L, €r b,
231‘2 :I)L; 161 Auohus ex lateribus hom(;llugns carumdem angulos &qua- zi'llinv%il'll,éi,if ?(:1‘1\}1 gzgggféﬁguiia‘?igmd’ e(lag?’ BG?‘ PO
s ab eadem parte contincant‘? ﬁﬂttiagteﬁ ;xruha Pgrtch[gi?]%igcgiz T, ergo ex §qu,ali’.,.1? Hi 2. HC ,-ém vt,;,aQi\v ?d’ V&,é@?ﬂﬁdﬁ
iple, Aid, M N, quacumipts, . » sdLCribus turiplee , B by IN militerdiyy Ldem partem in b
an gui‘xos coutinent gquales, AH G, M N O, & fintex alia partetans s ,}‘G «,’O, &jip,fgéiﬁligcgzgsilj‘;:g: '?(a)d 161?1?55?; }}i};rti?}‘mﬁu&
geatesiple, 1) ¢, R Q, quae cum ipfis, H By NP, productis con Ducantur nunc :iter di&asvoppoﬁtas‘ta:)genteséxdldc:h ataiiclz
curcant in punctiss B, Q, ducantur d‘cmdf:'d~ ‘ , dde vicumque ; VK, X Y. inter ircuiuw lguraruin 'ianip;no 50ffe
pun s anzulorum, yur funt, B,E; TP ,_.dx: . . S tarum, & reétas, HF, N Q, compreheni, Gnuliterad céncfé‘mk are
&s tangentibus parallele ,BG,CE,TO, 3 T G tem dididentes ipias, H £, In Qi f““&‘,"s s K, Y-,xccantmqufi .
5 iLlngulllltu{ﬂ, ?Iljn’ BAEE’iE?Nl’ [{L};; u?ll:sav - Vé—z{"\k £as B Ef,T E, T punétis, 2,4 ,¢il ergo, F K yad, @Jpﬁmu‘gg‘
ergo anguli, M NN, AHE, luotequales, ol =g -dosvis H P 5 ad5 Qv idefive, T B, 2 P5ergo, £ K,34,Q
@ti?un anguli, NQR,HF D, erunt ¢quales, “"""75// §:-" , Y,eritvi,FE, ad ,,%‘\f»,&reij&ua, L‘qiléé'gefééé(x)x;ffffst’,%
& quia anguli , N PR, HE D, lunt quoque MM K,ad,QY,idelt vi, F fi,ad ,; QN ; Simiiliteroftendemus, v, B
%qualcs gC[i’Axl‘{ angul} 1.R rQ,b _bb lc‘.unt ;/ \ (o) Hsad:Q-N » fic eﬂe-,‘G K'éad') 0Y5'ei'gés:G(K>adbeYs crit Vf»
zquales , & reliqus religuis , vade rrianguli, R s e 2 KE;ad; Y P.&,permutand6, G'K>ad ,KE , erit vt,0Y,ad, Y
ZCewi pQ,DEF,eruntequanguli, & ideo , QP, f‘;[——' ) P, componendoque , G E ,ad, EK, erit Vi UF,ad, PY,eftvero,
€lm g DR, edtve, £ B,ad, B D,,ef&autﬁﬂls.R» | N\ ve,GEyad, EK,1ta,8G,ad, 3K, & vi,OP,ad,P Y, ita, T
ExDfn P, ad, P N, vt, D B, al, E H,ergo; ‘-"‘ﬁ.‘l?“*ﬁ" R (oY 0,ad,Y4,er80,BG, ad, 3K jeritvi, TO,ad,1 4, & permus
B G ad b Nyerive, FEyad, £ Higiuy, R tando,BGad, 0, vyt s Kad,4 . el vergvi (B Goad T
N, HF ,tunt fimilicer ad eandem partem , . O,ia,HE,ad, NQ,ergo, 3K, ad 4 Y yeritve, HF,ad,, N Q'
% npuact's, E P, quia vero angulus , N P, mquarur angu fimiliter, quiaipiz, V'K, XY, diuidunt fimliser ad cangem partem
o, NQR.HED. HEC,&,NPR,ipi, HED, ldﬁorr_flg ‘_ iplas, BC,T'S,in punchs, V, X, ac diuduntur iptg, G £ , O P, in-
quus , 5 P R, aquabitur reliquo, CE D, cit autem angulus, 1 punétis , K, Yj,‘xdeé_x codem mhodo oftendemusipfas, V 3,1 4, efie *
P, ¢qualis 1ngulo, B D E , ergo trianguli, PSR, EC D, crunt e Y B E ideftveipias, FLF, N Queran autem , 3 £ o4
quianguli, &1deo , CE,ad, ED,encve,SP,ad, PR, & ’Jb é X, vtipiz, HF >N Q ergotore, VK, XY, erunt vt ipiec , H Fy
ai,EF,ericve, RP,ad, P Q ergoex &quali, & pernucando, N Qg habemus igitur figuras , AD E,, M R P 1n quibus duéig tunt
. B,ad,SP, eruve, i F,ad, PQui.vi, L, ad, N Q. Sunilicer oppofitx tangentes , A H, D F, MN, R Q, quibusiciderunt ipe
S Sl B D, TR P, funt equales , & circa cos latera funt fe, HF, N Q ad eundem anguium ex eadem parte , inuentum et
Bl };L_()Dor{lo“alia ,ided wianguli, BDE, TR P, erunt aquianguli, autem €as , qua incer dictas , HF, N Q, & circuitum figurarumels -
vide anguli, D BE,RT P, &, 15 E D, T PR, erunt gquales , unt fdem tangentibus vicumg; ducuntur equidiftances , & lecant dictasy -
auten gquales ipi, CED, S PR, ergo reliqui, BEC, TP S, erunt HE ,_N’Q,_ﬁmxllr,cr ad eandem partem, eodem ordine lumptas, effe .
zequalss, & ided triangulis B C E,'1'S P, erunt gquianguli, & quia peiptas, HE,N Qg ergo figure, AD E, MR P, qu& erant fimie
anzulus, b BB, eltgqualisipfi , T P Q,reliquas, 8 B H ; erivgqua les iwxta defininionem Euclidis , crunt etiam fimilesiuxta definitios
Ls reliquo, TP N eftautem, BG E, ¢qual »ipi, 1O P, ergo triane nem meam , & erunt dictee tangentes regule homologarum earume Definixe;

gul, BG E, 1O P, erunt gquiangult, ergo , B G, ad, TO, eritv5 dem, & iptarum , ac di&arum fimilivm higurarum incidentes ipig, & hnius.
BE,ad,TP,idetve, CE,ad, 5P, udeltve, ¢ ,ad,NQ, per %‘:N Q. quod erat oftendendum T o
rautando , & conuertendo, H F,ad, G Bjedt v, NQ,ad,0T; ' |

ccoansuli, HA B, N M 1 ;iunt gquales , & circa eoidem las e - )
qQuia vecoanguli, 2 slunt gy I tera G 2 - CG--
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COROLLARIV M.

‘= 17 jqperd oppofite rangentes s AH , DF, M, RO, dufte fun
) ptcnnqise , angulos tamen zc(]_m\l es ad candem partem cum homo=
=] 0gls lateribus CORLINENEES gafeo qyafmmq; dluxertmm opp;}iﬁm:
gangentes i Gunris relliliners Gmilibus inxta Eucltglem , dun}mo o fa
ciang angulos equdes ad eandem parvem cum Lateribus bomologts , eas

fder cfferegulas homologarum fimilinm fgurarum poteris probari .
THEOREMA XXV. PROPOS. XXVIII.

® s e 3 e 3
1, Ofita infrafcripta definitione fimilium portionum feé&tio=
1 pum coni »illi adiundi, quod infra dicetur, fequitur

e ; 1Y
pro plisctiam mea definitio genera) lis imilium planarum fi-
I

ourarum. Hocautemdico pro fpatijs fub ipfis fectionibus,
@ re@is lineis contentis,non autem pro ipfis tanquam lineis,
Ticet crediderim Apolloniil ipfarum fimilium fe ctionum tan=
quam lincarum , non autem ﬁgurgrrum ) qufg_ﬁl_mt.ab ipfis ,'ﬁa
militudinem atrendifle ;ego vero 1pfam.reup_}o.tanquarp ipe
farum figuracom fimilitudini c-ongrgreyﬁ,dﬁ\){n f“} a’dlungxturﬁ
quod in ipla Propof. explicatur. o ‘

D EFINTITI O,

@ Tmiles portiones fe2ionum coni fun}: , i quarum ﬁngulx%dué‘rx;
o) lineis bafi parallelis numero aqualibus, funtiple parallcle , &
bafes ad abfciffas diametrorum parctes fumptas & verticibus , inijidem
sationibus , tum ablcitize ipfe ad abfciffas: Apollonius lib.g. Conie
€Or vt refert Eutocius - o
wgilgz Gmiles portiones {c&tionum coni, D AF,QRK,nbafibus,
~“PF,QK, quarum diametri fintipla:, AE,R G, ffecentur- a’\ut:c:mT
fimiliter ipfee diametri in pundtis, N, O3V, X ; & fit, Lx)zF yad ,_EP,,
A,vt,0K,ad,GR,& CH,ad,0A,vt,TL,ad,XR, &P
M,ad,NA,vt,SP,ad,V R ; hasigitur Apol'lom'uyn ﬂupraché‘t@
définitione fimiles vocat , mihiautem hoe opus eft illiadiungere s
quod anguli bafibus , & diametris , ad ecandem partem contenti fing
zquales, vt angulus, AED ipli, RGQ, fi.n. ho;nen ponatur
podler contipgere efe bafes, D F, QI , zquales , & ipfas ,AE , R
G, in quo calu tot figaras fimiles , & @quales , ex. gr.iphi, ﬁoifz P

Poflemus habefe,qdpt funt variationes inclinationum diametrorum

ad bafes , quam tamen variationem per definitionem fupradiGam
excludere neceflarium efle exiftimaui. Suppofito igitur , quod tali

definitiont hoc adiyngatur , dico cam cum mea concordare,, fi pro.

ipfistetionibus tanquam figurisin-
telligatur. Duéis enim per vertices,
A, R, bafibus ,DF, QK, paralle-
lis ,illee tangent di@as portiones, &
inter eafdem ductas habebimus ip-
fas,AE,R G,illis ad eundem an-
gulum incidentes ex cadem parte,
qubus fimiliterad eandem partemn
diuifis, vt inpunctis , N,Q; V,X;
& per eadem duétis i,fis tangeati
‘busparallelis , RM, G H SR, T

5%

~~~~~

IS Sl SNt At skt . SN
inuenumus eas , qug inter ipfas, AE, - e N
R G, & circuitum figurarum , A D F, R QK ;ad catrdem partem

contnentur , & dinidunt ipfas fimiliter ad eandem partetny eodem -

ordine fumptas, efle in proportione ipfarum; A E, R G snam qeiag
DF,ad,EA,eltve,GK,ad,G R, permutando, DF,ad, QK,

eritvt, EA,ad, GR,&quiz ipfe, A E,RG , funt diarfietri’; ad -

quas ordinatim applicantur diGa parallelg, ided ab eitdem bifariam

dividentur, ergo, &, D E,ad, QG ,&,EF,ad,GK, erit Ve, E

A,adG R, ¢odem modo oftendemus-tum »CUsad, TX,tym, O

H,ad, XL ,eflevi, 04, adeR;\iqr,E-.A,ad,G-R;&zﬁe,Bv
vty N A,ad, VR, vt, EA,.

N,ad,SV,&,NM,ad,; VP,eile
ad, G R, funtigitur figure, ADF,R QK finules iuxtameam de<

finitionem , earum verd , & tangentium oppofitarum ¢ quarum dug Definiros

€X vna parte funt ipte, D F,QX,) incidentes funt iple, AE yRG !
S CHOLTIV Mo
Aﬁ‘erf Commandinus aliam defimstionem fimilium hyperbolarui.ss :

fedlices fimiles effe,quarnm coniuiita diamerri inser e, vel quas
rum figura batera candem proportionem habent gram Danid Rinaltus

in Coma in Arch. lib. de Conordib. 7o Spharoidibus ad Definer S, offena

diz concordare cum [upradiéta Apollonyj , quam videat , qui- voluerits

Hac igitur eodem modo , quo illa Apollonij , cumimea partter concordgs

but ( fumpta ramen byperbola tanquam figura ) wude hac giogrie hypos:
vefi. i opus fuerit , pariser veemur ad palfiones inde dependentes demon=
frandasy o R

OLEM:
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miles folide figura fuxta definitsge Vadee. Elem. &

i carum alteia duz aflumanturin ambitu qhiecumque figuras

coincidentes , ke crunt adnuicem &qué ad eandem parcem inclis

nate ,ac alia dt
fupponunturs

1z, quain rehqua [olida figura cildem fimiles efle

Sint fun les olidee figure, AN, K R ;inearum autem altera, A

N, tumantur Jdu quecumg; igure inuicem coincidentes, AV , V)

H , qubus 1

reliqua fimnles

fint, K4, qui

dein,aV,8;

A&, ipfi, HV:

Dico viraique,
AV,V H, cque
ad inuicem, &
ad eandempar-
zem cffe ncli-
patas, ac funt
ipfe, Ka,a &
Velergo , AG,
KY, funt fubie-
&is planis pera
pédicularcs, &
tunc, AV, K a,
erunt ipfis, H
V, & a,erectay
yvel no , & tunc
demittantur a
punétis , A, K,
fubie&tis planis
perpéd culares,
AE, KT, & 1u-
peripfas, H G,
VG, productas
( fiopus fit, &
nifi, AG,KY,
fint velipfis, H
G, & Y, velip-

fis,G V, ¥ 4, perpendiculares ) fimiliter ad angulos rectos cadant;

2

LI BER I. 55
P, KX, qu’de/m\l\RﬁSaV f3,4Y, &,AF, Kz,fpﬁs HG
X,lp‘erpgnd\cgmrcs s unganturque , PR, XT,PF, X é & Bf
,zf. {*. “Juonian ergo, AP G, et anguius re@us , erit qt,lad;a..
o5 AG, ®quale quadmus SGPL,PA, quadratuui vero P A 47- Primi
)uatur duobus quadratis , P £ , E.A, propter angulum re&;fm v A’ Elem.
B,ergo _quaclra_tum , .I/).i(] ,hoceft duaquadrata,G £,EA ,ua« Defin: 3,
nour ‘mbus quadratis, GP,PE,E A, &ablato, CO&lmﬁn’iggua- Videc,
to, & A, quadratmn , G E , @quabitur quadratis ,G P35 P E er- Elem,
s B P eric pcrp‘cndscul;ans ipfi;, PV, cui etiameft ”'perpén ic;la- 48. Primi
y AP, ergo, A PE,erit inclinatio planorum, AV, V H. Eo- Elem,
m modao!‘rend.«. H‘AyS;,KK T, efieinclinationem plaI;brum’r K a, Defin.g.
&, &anguos, E¥ G, T Z Yy eflere®os .. Quoniam verd a,mgu: Vodec,
yAG VYV, equaturipfi, K'Y a, ({untunefigure, AV, Ka , fimi- Elems
ex hypoteli) ctiznr, A G I\J,pcquabitur yKYX, & , _A;P G’ KX
i I 2 - . , S --' '4“' 77‘" L

ol

. N e = Rakhade o = - - g
do probabimus etiam triangula, AGF ,"K Y 4 ,efle fimilia; ‘;:r:
,PG,ad, G A, ertin, XY, ad,YK,&,GA,ad, GF, vi, Y
ad, Y Z,ergoex @qual , PG ,ad WG Py erit Vt",’XY,"ad" Y,Z
& funt latera proportionaiia.circa zquaies anguios, P G XYZ,
{iuntane.zqualesijs »qui funcad vertcem , nempe, HGV, &Y f‘:‘
qui adgquantur, cum tint fimilium figurarum , HG V, & Ya,yers
go trlan‘ggla »PGE, 2 Y Z,erunt imilia, & anguli ,‘é PF YJX z, & Sextd
vi 8, GEP,Y ZX, inter lc quales , ergoiph, EPE, Z X T; B o
FE, LX I, inter {e quogue cruntaquales , cwn fint refidui refice
um,G PE,GFE,YXI,YZ Tsergowiangula, PEF,XT 2,
pariter funihaerunt. Brit ergo, AP ;{H} PG,viyK X 'y ;i’ti X»Y?» Sext:
PG,ad,PE,vi, 0V, ad, A58, P F.ad, BE,vt,X 2, 2d; X Elem
’,{‘1, crgoex gquali, AP, ad, PE,crtve, KX ad; X T &1'u,nc>;n'. .
;:fffguh ,AEP, K"i‘ A yrecti; ergo trizagula , A PE, K}Z T, Ginikia 7- Sextd
‘erunt, &:r{/gﬂh ,APE,KXT,:qualss, quituntinclinationes pla- Elem,
ggilljl:.éj&duu;é;a/; , ad piaisa, Vrri > A& »ad eandem partem Lluo‘d

_ LEMMA IIL ety

N eadem antécedeuuss fijura i fuppopamus propofitas effedvas -

: ﬂm_lles quaicumyque rectilineas Lguras , AV, K a,nieries sece Tax.def
non, HV, & a, conuententes in homologis lateribus vir{q; coms SxtiEl
mqmbus » GA V,Y a,fintautein bownologa interte, AG,KY;H ‘

G &Y ; &iplz figura @que ad eandem parteni ibu'cem inclinata,
De.coangulos, A GH,KY &, ¢qualeseiie, & circa coideir latera”
prepartionalia , quod ctiam de angulis » D VAN ; Qa4 85 parger'ves
ru efie oltendeimus., R R - 5
Hoe
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3 . ius facilé comprehendenius , funt.nd S T s : e T
 Focautin O E;O%?; )ﬁgu;l ?)1; Séztlictii’?ana};arallela‘tangemia fis GM, ideft, vt 7ADd,GH » €180 permutando , B & ad, A D6, Sexg

(ijfdem vtibi conil ul_zzl 4D H ‘}’ LQ, & A , quibus incidunt plas eritve, [ G,‘ ad,GH,& anguli, BA D, IG H, funt ®quales, cr.£lem,

guras, AV, Ir\ Alu[_’Pm Y K )c;qué:ld eandemn partem inclinae go,BAD, IG H, erunt triangula fimilfa, ergo anguli, ADB, G’

na figurarum mg% l?fm  vam prima , ijidem autem incidunt etiam fe HI’I?"‘I“.&'ICS crunt , funt autem gquales etiam , A DF, GH O, er-

ta, qua [nt HovIs éiu?démig nem;)f‘: plana, AGH,KYT, anguli 80 Y(I? ;I]‘lal ’dB' BDF,1HO,eruntzquales, eft vero,BD,ad, D A,

cunda Pﬁ“é }%/r'mg; YA (uxit‘eiaqualcs qui nempé continentur comm= ve, 14, ads HG, &, AD,ad, DF, vt,G H,ad,HO, ergo ex

autein > H ?

2quali,BD, ad, DF, eftve ,1H,ad, HO, ‘ergo triangula, BD

~ L oni L morui ! -um planorum cum plas 3 B :
munibus feétionibus primorum , 8¢ fecundorum p F, I H GO, pariter fimilia erunt, & anguli, DF B, HOT ,inter fe,

nis, KV, & a, quee funt duo parallelorum planorum , fimiliter ans
3

] oru! . mecnon, D BF, HI O, inter {e equales, ergo anguli, ABE, G [ O,

: : ; bus fe€ionibus prunorums v T canaies » Trgo angull, 200 s
guli, AG ‘)f’ K y{ o (Comgzngi);j;]é?x?&s {e&tionib. primorum pla= £ DF 2 GIH O, crunt ctiam gquales, & figure, A BFD,GI O.H,
hy (Ccun%(i’-m? b ano%ll\i}’ & A, ) funt @quales, funt.0. fimilium fi- - quiangule, & cum, B A,ad, DF, F B, binz fint in éadem ratio-
porum , & iplorums s& A,

: ne cum, I'G ;G H,HO,01, patet, quod efiam it ales an

; : K Y & ,®quales 3T 3RS AL, 2O 1, patet, quod etiam ‘circa gquales ana
gurarum, AV, K a,ergo etxfa{mn fi?r%:};’- ACE rﬁ{aa - ﬁg’u rf;qs AV, ﬁlgs _:{f;un_t latera proportionalia , ergo ipfe figura., B ADE,IG
grunt(31 vt 1&1{3’53}30;;;24&11112; latera homologa , efit s AG,ad, P umle; erunt, Eodc’m'aur;em modooﬂcndem‘g? fimiles effe 25
K a,fint funiles, & s A Lol CEF B ;

CY - autem cadem ratione , VG, ads 091 , quod e T e :
AT Y gﬂgfégﬂfx cquali, AG,ad, G, crit vy mologa, quod erat demogfirandum. e
3 > b 5y U3 ? N z IOS DV R A Bzﬁ ‘ o l ¥ - ; ‘ o
,Y &. Eodem modo probabimusangulos, LV - )(L‘ ; ; N v
;ﬁificﬁﬁ fue plana, & H , DN ; K &, Q B, intparallda, fiue S LEMMA IV.

non, hoc.nenihil refert) & circa eos latera efle progxomona-h‘elt.; qucd

I in fimilibus folidis plaris contentis iuxta. def, 9. vndec. Elen;.
oftendere opus erate ’

quatuor quelibet pun@a fumantur in vaoquog; eorundem(non

58 rameit in codem plano conflituta ) ad qu angulifolidi wquales ters
LEMM AW\ L minantur, illaq; lungatur recids lineis,, fient fimiles pyramides trians Defin. T;
@1 in fimilibus re&ilineis figuris, iux(t\é%,‘uclidem ::{uca ntur reéte@ %‘gﬁ:; i?;:’ prekenfe fub u-xangu-lis’, i;-‘fdgm recis-lineis. fu~ng§ntibu=§ £ i B,
15[11C€€ qugcumque carundem latera homploga‘iunfxilgcg: adgglr:: Sing fimilia folida, AH C D, FO \ P
dem partem dinidentes, ipfgdinident eafdem 1n fimiles guras, 1 G L ,iuxta def.g. vndec, Elem. & in
lecs afxem erunt , qu¢ ad eandem partem dividentium linearum cons ijs accepta quattior quecuma; pun-
Rituentur, & iplz {ecantes earundem erUr}thomolog&l:ltera . aa,nempé 3 A, H,C. D, in vno,
Sint fimiles reilinez figura iuxta Euclidem, ; 8,F,0,G,L,inaliofplido, que
ACED,G MN H,quibus incidant ret, B 4 ) non fintin eodem plano , fed ad an=

gulos gquales ¢onftituta, iungantura
queredtis lineis;,AH, AC,CD,C
H,HD;FO,FG,FL,0G,G
L, I O, fiuchgc iungentia fint ipfo-
rum fimilium {olidorum laterae Di=. -
copyramides;, AHCD ,FOGL,

fimiles efle. Vel ergo plana has py-

F,10, fecantes latera homologa, AC,GM;

necnon , D B, H N, fimiliter ad eandem pai= g 5
zem,vt,AC,GM,mpm}&ls,B,I,&,‘DE, o

H N, in punétis, F,O. Dico figuras ;1\b eifdem
conftitutas ad eandem partem , nempe, BA D Iel
F,IGHO; BCEF,;IMNO, inter {e fimi-

\

lescfle. Ducantur a pundis,B; I, adangulos

[V

ZOXL M Mo

EM
\
t

! |

B/

recte hnez, BD,BE,[H,IN,vt B, , ra;ﬂides continentia funt in amb:tu s ey
Z%Poiﬁi; Sﬁnefcquad,rilat’erae vel multilatere , in folidorum, vt ex.gr. CH D, GO L, & tunc erunt fimilia, exipfades.
?ria%ghla difceparentur- Quoniam crgo, AC, g finitione, vel non funtin ambitu , tunc autem probandum cft nihj-
G M, Gmuliter dividonturin, B, L, erit, BA,ad, 1G, v, éC »40s dominus eflc fimilia , v non fintin a‘?H?‘t“ ipfa triangula =A(§é{ag :
= ST 5 - B



5. Sextl
Elem.

,3 8 ’ @ E O M E T R E _;E‘? : :
G O, fint verd in ambitu triangula, A B G, £l G; ABH,FIO,H

BC,OLG ,ergouriahgc tribus iam dictis fimilia erunt , ergo & bas

fes, ACH,FGO ,fimiles erunt , pam cumfit, A C ,ad, C B, ve,.
£G,ad,G ;B C,ad,CH,vt,1G,ad,G O,entex cquali , AC;.
2d,CH, v, FG,ad, GO, cadem ratione: oftendemus , C H ,ad,
HA,clleve, GO, ad, O ', ex quo habebitur ex gquali, C A ,ad;.

AH,efievt,GF, ad, F O, ergotriangula, A-C HF¥ G.Qﬁi{ﬁmili'a .
o) probabimus triangula 5. A H_D,'_E LO,":‘A C D, _
F G L, effe fimilia, ex quo.concludemus iptas pyrqmld‘es,ﬁmllies efles..
la ad , B, I, terminantia omnia. pon fint in am-=:
bitu , oftendemus tamen illa efie fimilia , erunt .nevel bafes pyrami-.
2 verticalia erunt in ambitu , vel falrem..

erui:t. Bodem mod
Quodfitria triangu

dum , quarymtria triangul

aliarum pyramidumy, quarum triang_ula,ﬁmjlia.elkfe probabuntur ,

quia erunt bafes pyramidum tria triangula verticalian ambitu has"

bentium s ad heee . landem TCuemEe Heeeit.ent=2pu
efi , quod proponebatur . SRR

COROLLARIYV M.

tibas fimilibus illarum triangulis verticalibus , bafes 5 A CH, F

G 0, neccffirio fimiles eff¢ oftenfa 3 nt?ﬂ;lrbrx. hoc colirgsmus [
in duabus pyramidibus triangulatis tridvigrticalia triangula tribus e
ticalibus triangulis (imilia (fnz, etiam bafes fimiles effe o.

LEMMA V.

5 T duo fimilia triangulafuerint fubiedis planis 2que ad eandem
partem inclinata,ita vt communes. cumnillis {e&tiones fint eas

rum latera homologa , que tanquam bafes affumantur ;abeorum
autem verticibus recee lincz in fublimi fuerint conflituta , angulos
xquales cum eorum lateribus homologis continentes silie crunt fu=
biectis planis @qualiter inclinata , vel ¢ifdem.ambo parallele ; fi aus

Q Vit verd in py;xzmidibus triangulatis ,BAHC,IFGQ, exiflens:

tem fuerint inclinate , & vique ad fubiecta plana producantur, iun-

ganturg; puéka occurfunm cum extremisbafium di¢torum triangue
Torum, pariter hinc conftitute pyramides {imiles erunt .. '
Sint fimilia teiangula, A B D, HP O, fubieéis planis gque incli-
nata, it bafibus,B D, P O, a quorum verticibus, A, H, redtali-
nezx , A C, H N, in{ublimi conflitut® contineant cum homologis
corum lateribus angulos aquales, fint nempé anguli, CAB,NH
P, nzcnon, CA D, VHO,inter{c zquales.. Dico iplas, AC,H
N, fubledtis planis efleequaliter inclinatas , vel eildem ambo parals
: ' lelas,

_ LIBER L =~ 4
Telas ; ae (fifmtincinatg incidantque"ipﬁé Anpundis. C. N i

\ ( , unétis, C, N, un-
ganturque , CB, CD, NP, NGQ,) pyr-amidssp,' AC fJB’,,h,I*J)x(})
P, fimiles efle., Sumaturergoin , A D, ctiam quantumuis proten(a
vbicumq; punétum » ¥, &.accipiaturin, HO, Pmd’@a@, fi opus it
HL,gqualis, AF, & indefinité extenfis lincis, A C, A8, HN,H

P, ducanturinplanis, F AC, FA G,LHN,LH P, 2 pundis, E, Jd/dié
L’, ipfis, AF, H"‘LQPQI""' » B G, H N» > L%?f’ﬁ’?unals By libiy. ‘An’:
pendiculares, F E, F G, : S noty Pres

LI, LM ,occurrentes - - S A
iplis, AB;AG, HLH | -
M.yinpundis, E ;G5 1, -
M, &iungantur , E G,
IM.Quoniam ergoduo .
anguli, AF G, HL M,

S v . ¥ T YT

~eritin, aclatus, AT, in, H L, alioquin dug eidem plas
- perpendiculares effent edu@z ab codem puncto, L. '

relis &'—, PAG FIE=ET
M, funt zquales, &la-
tera, AF,HUIL, ¢quas
lia,etunt etiam, ¥ G,.
LM,G A, M H, ¢qua- -
liajeoderm modo often- :
demus-eequalia efle, B . e o i oy L
E,LL EA,LH, vndecum fintgquales, B A,TH , AG, HM, & & rimi
anguli, EAG, T H M, paritergquales , etiam bafes, EG, I M, o
quales erunt, & pyramides, AEF G, HILM , fimiles;, & equales

ad inuicer exiftent » Sulpendatur nunc pyramisy; A EF G, & ponas Defin.io;
tur punctum, F, in, L, demittagurquey F Gy fuper; coni vdec.El:
gruct , fed & triangulo, EFG ;cadente fuper, ILM, p Qum, B,

m, F
1L M, 7-Pri El,
; 2

. 28, Primg
.1 Elems”

-0ael : 10@ lurs,
dum ({unt autem , A F, H L, perpendiculares planis, EF G, 14, i
hoceft folo plano , I L M, cum fuperponuntur, ex ¢, quod duabus, £3.Vods .
11,1 M, fint perpendiculares in pun&o, Ly ) ergo, F A sCadetfus =1
’;31 H, yyndel,.

per L H, & pun&um, A,in ,H, vnde etiam; E'A jeadeti
& , AG,in,HM,pun&um ,B, vero cfto,.quod fitin, 1"
$,&,C,in, V,erit-etiam y DB, congruens ipfi, S T C]
& ,CB,ipfi, V T ,& quia angulus, AB D,z quatur ipfi, ]
ABD ,autem ¢ft ctiam qualis, H'T S, ergo, HTS, HPC
mequales , &, S T , parallela, O P, Dico etiam triangulus
zquidiftare ipfi, NOP,fi.n, hoc non fit,quia,8 Tyeltp
ipli , O P, poterit per, S T pduci planum ipii,NOE, parallelu
ducatur , & producatin pyramide triangulum , KST, adaau
punéo ,H,ipfi, 0P, pcrpcnd;culargqug,ﬁrv,. HQ,lcean
i Y e o
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in, X ,ducaturin plano, N O Pyrecta, QR , 4 pundto Q; perpens
dicularisipfi, O P, & iungatur, HR, triangulumque, HR Q 5fes
. cet duo triangula, VST, KST,in rectis, YX,ZX. Quia ergo
S.?;”;“d‘ triangula, V5T » N OP, {unt parallela,, crunt etiam ipfg , Z X, R
(EEQ, parallelz ,fed &,8 T, OP, funt paraliclg , ergo anguli, ZXS,
wovnd. R QO, erunt zquales , rectus ergo eft etiam ipfe , Z XS, fedetiam,
wem. S X H,requseclt ; ergo, S X, eftduabus, ZX, X H, perpendicula-
ris, & f{ubinde plano per ipfas tranfeunti, & confequenter , S XY,elt
{4« Vodec. peftys , vade , H X Z ; erit inclinatio planorum, HS T, K § T, & H
Blem. Yy, inclinatio planorum ,H ST, S V' T, hezcautemett aqualisine
clinationi planorum , HOP , NOP, ex hypotefi, ideft angulo, FL.
QR ideft angulo , H , : ‘
XZ ,ergo angulus, H
XY, qui eft totum,, eft
gqualisangulo, HX Z, -
eiutdein parti, quod cft
abfurdi, ergo abfurdum
etiam eft dicere triate,
gulum, VST, nona.
quidiftare ipli, NOP,
zquidiftat ergo, & ip-
wgvnd, {2,V S, VT, funte-
Blem.  tiam parallele ipfis , N
O, NP, &triangula,
VHS,pi,NHO,V _
HT,ipli,N HP,nec- L i
non, VS T ,ipfi, NOP, funt fimilia,crgo pyramides, H VST,
I N OP, funt fimiles , eft autem pyramis , H VST, fimilis , itymo
& equalis , ipfi, ACD B, ergd pyramides, A CD B,HNOP,in-
ter fe fimilescrunt, & anguli, ACB,HVT,ACD, HV §, inter
fe @quales ,ergo, AC, H V ,redg lineg flantes in fublimi , & cum
ipfis,CD,CB,VS, VT ,angulos zquales continentes (& quibus
%5.yad, etiam contenti anguli, DCB,5 V T, {unt gquales ) erunt ad plana
Zlem.  triangulorum, CD B, NOP, zqualiter inclinata, & [untipfe py=

ramides , AC DB, HNO P, fimiles , vt propofitum fuit demons.

firare.

Sivero re@ lineze angulos zquales cumipfis, D A, AB,OH,
HP,continentes effent ipfe, AL, Ha,quarum ;A H seflet parale
lelaplano, V 8T, probaremus etiam, T'A ,efle parallelam plano,
C D B, alioquin fi cum ipfo produ&a concurreret , etiam .4 BH,ex
fupra oftenfis, produ&a concurreret cum plano trianguli,V § T, Vel
preintelleétis duabusiam datis, A C, H N, 8 fuppofita fuperiort

. cone

EonfrnGioR LT BER I 1
Eonftrudtiolie, oRenderemus, vifupra, trialatera . TA . &

3 " . Cmus;, vt lupra, trialatera, A, A H;
HO; AB, H Pjeffe adinuicem fuperpofia, vudc f, !
ftac plano , N OP, etiam neceffe cfle concluderetur, s H i TA;
in ca conflitutam, equidiftare plano, N OP, vel ipfi, V $ T feu;.
‘IA’xPﬁ’.C_D'Bsfqu‘od eratoftendendum, =~ 2V 9.2aie,

U COROLLARIVMI . . -

E X boc Lemmate colligitur fimilinns folidopue, iuxes Enclidis ded
» Aﬁﬂ{tm?z‘emf, lc‘z‘rltembomaloga quacungue ,"qéél( ddd;;ﬁ;i % -'1:2 il
g“lm_ﬁ”m?@,e figuris fimilibys affumptis ) jacere in Plano fz‘md;f:zz st?fi
V:};ﬁ? ﬁ gUiArn , it tl( is equidifiare , el aqualitér eifdem nclinasi.

. gura _Lem;'y?a“tts 4:: €X.81.CD ;5 GL , ( offumptis fz'mz'lszﬁﬁ;ghri;:,

16D, 0GL,)icent tearnm planoy B A, I T, antews vol ambo i :

@quIdifiant , vel eifdem [unt equaliter inclinata Ham innitis, AC, A - -

LS F Gy Q sl bae 0 Laersdifr foldorm v gl g o5
or m;n ; 51 Fg,ueqzmles, s @ trianguia, A CH,FGO, fimilia,

- pyramides , A B CH, F LG 0, [unt tuter [¢ fimiles , ipfa vero trian- Lemma

| % Ga 2 A C H,F GO, aqut ad eandem partem inclinantur ipfis ;HCD, - '
P oL, cum etiat, ACHD ,F GLO,pyramides fint fimiles ex codens,
L /}zm;.zt(_;ﬂ__ »nde ,'3.7013 ../ZB,F I;_sequtdlﬂqﬂt érzﬁbz;s., CHD, GOL ) EM

funt eif. dem aqualiter inclinata ,sdem de caterss boiréblbgfé"' wibife e

que lateribys., quibusiiber fimilibus figuris in wmbiry aﬂim‘qiis‘ e g

vats  paviter intelligendumeriz, - o 0 o . e
L EMMA
SI in fimilibus (olidis juxta Euelidem ducantur plana duabus
&) bufcumque fimilibus figuris in corum ambitu affumptis p’a'fﬁq]'le—; -
la,qu vt corum bafes accipiantur ; diuidant autem dugta p]’an'a?’eb.':} E
rum altitudines , refpectu dictaram bafium captas, fimiliterad éane -
dem pattem , qugcumque latera homologa ab cifdem fecabuntu. s~
militer ad eandem partem dividentur. e

' Smt m_ﬁ'milibﬂs folidis iuxta Eudidiscfeﬁmtxon.g.andécs EI j
aflumpte in ambitu duw fimiles figure tanquam bafes yex, gr. tr
gulafimilia, ADB, MK N, fint verd deambitu etiam defcripta
triangufa imilia, AHI,MSQ; AHD;,MSK;&,IHD (LE e
K quibus etiam adiungantur latera homologa , [ F, Q;B‘,,adw\’r’é'fti- S
ces, F, P, relpe@u di¢tarum baflum captos ; pertiagentia , reliquis .+

it fis figuris corum ambitum complentibus, ne nimia fiercr Sches
»m;ms confufio ,fint autem & verticibus , F, P, demiffie altitudines
Fefpectu bafium, AD B, M KN, ipfe, FC, PO, planis bafiumin
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punctis .7,0, Occur,;eg;cs,;, -qutem duobus planis quomoda

cumque balibus parallelis, & le arm,bua altitudines, T:C, P o,

orad e artemn in puncis , a Ty eadem-fecerit latera homas
%uga ’éi Li:-nllcji—? ,p&ilﬁx‘ ptlmc"f:i‘sh_‘,‘ H'Zf - Dicoin cifdem fecart 'ﬁrm%l
li?r ad eandem partem , Producantur ergo, H 1, §Q, hinc dm&iez
ita vt (nifi hoc ipfis contingat ablque 0, qud_ pqu'ucfgx.utux) a -gezl,.q
na bafium ,DAB, KMN, & cildem: mguidiftantiaplana per ver-

tices, F, P, du&ta , termnentur, vt in pundis, L, T,G,R,a punte -
3

ais verd , G, R, demittantur adplana di&"arqnﬁ,b-a@umf v Erpgn %‘« c }%‘,
lares, G E, RX sillisincidentesin, E, X ,;&,gungantur.,‘; ! "t’u'r E
Similicer 3 verticibus ,F, P, ad punéta bafium, B, N, ‘gucﬁn _ 6’;0
B, PN, &iungantur,B C,NO. Quoniam e.rgolatex_lsg q?ién:
ca,HI,S5Q, continent cum homologis lateribus fimi xun}aer
gulorum, AID,MQK, ad eandem partem bafibus, D A 3 1;1'-4
~ N,inclinatorum ( quia, FADE;
EyLem. des)angulos gquales , & produtta

AL Rk A Attt iy »,_‘,—_ P ‘ i
incidunt in planadicaram bafium

50 in, L, T, eruntcifdem @qualiter inchinaia, crg0 anguli ;G LE ] R.
T X, erunt gquales, v il Y
&,GREL,RXT,

funt reci, ergo trid=
pula, GLE, RT
X, fimilia erunt, er-
gosGL,ad,RT,
eritve, GE,ad, R -
K, ideft ve, B C, ad
PO, Viterius fi iun-
gcremus,EA, EF1s
E’M,Pi{,ﬁg;{enc ‘ » .
imile ildes, . e
By icnm. %‘%@f Bpﬁ)a}l{ MN, vnde pate}'et ,FB, PN ,efle ad plana baﬁ(:)ng
4 P AB, KM N, fimiliter inclinata,, & fubinde .ang’ulaqs » F]IS "’B
N O, effe gquales , 8 cum fintre&ki , FCB, P N O, '31,'3}1%&1%: Fd
C P,’N 0, effe zquiangula , & vi,F C, ad, PO, eﬂrct: gg 5 adj
P N, etiam manifeftum eflet, fed ve, E.C, ad ,P O, itach, al s 2
RT ;& v, F B :ad:P N,ita, B D: ad,NK 3&1113-un CUnSq?L‘I‘]S’.’
latus in folido , FH B, ad latus {ibi homologumin folido i{P S‘éla
1.0uin. ideftita , 1 H ,ad , QS, &rgo vt,GL,ad, RT ,mi,HI,a. .S, is’
i‘i?é“h & ita compolitum ex refiduis, L, H, [ G, ad compoiltum ex relidu )
T'S, QR , funtautem, L, T § , latera homologa fimilium p}If;aI
gx Lem, ﬁlidam,HL'AD ,STMK, ergovt ,H A ;ad, 8 M,gc] ‘{_c, m,
¥» ad,$Q,ita, HL,ad, s Tsergoetiam reliqua, Ichﬁ?j rel 11q‘1,1ta‘ é
QR ,eftvt,HI;ad,5Qs vel vt altitudo, F C,ad, N ‘IS,ad,"

L. I B'E R 7§13 63
L,ad,RT,velyr; GIL,ad ;R Z; funtenim &iple, GL ;R T
fimiliter a,d‘canfi';:‘m.pa;r cm fedte in pungis., IT, Z , nam fimiliter fef
-canturac, # C:, PO, inpunctis ; o, T ergoietiam reliqua), It ad,
QZ,ericvetoa, G Ir; ad totam, R Z , ideft've, P C,ad , PO, Eo-
dem modo oftendemus, TH,ad; ZS, effe-ve;FC,ad;, PO, ers
go,1m,ad, Q.Z, eric v, 1 H,ad;, 2§, & permutando, I 1T, ad;,
i, eritve, 24, ad, 48, luntergo latera homologa, T H;, Qs;
fimiliter ad eandein partem feéta a preefatis. plamis. ,{quod?cddé‘m‘mdz'
dodequibufcumq; homologis lateribus, qu contingat digis planis
£¢:’ca;ri »pariter ottendemus , hoc verd demonftrare-propofitum fuit,

ooy
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tangentia plana y eorum: refiduay velipfa tota; éffe -
diudinese. T oo 0

THEOR E';M A XXVI PR op OS. XXIX:

I in duobus fimilib usv{(ﬂicﬁ‘sr fﬁ,Xta defin. gséﬁdércggkm‘

R
e

_accipiantur,acin eorumdem ambitu, du quacuimg;.
fimiles figurg plang tanquam bafes, quibus parallela ducan.
tur quacumq; plana eadem fecantia, necnot corans. altitus
dines, refpe@u ditarum bafium affumptas, fimiliterad ean-
dem partem- dividentia. Produ& 2 ijldeminfolidis figure
fimiles erunt iuxta definitionem 10, hinius, & omniun
mologa duabus quibufdam regulis zquidiftabunt..

Sint fimilia folida iuxtadefin.o. vadec, lem.ipfa ,AEFSOGo,
T18& p 8 s,1n eorum autcm ambitu capiantur fimiles quecumque
figurg plang, O G F §,f8.& p, quibusparallela ducantur duo queg=
cumque plana.eadem {ecantia, necnon & altitudines reipectudictas
rom bafium affumpeas fimiliterad eandem partem dinidentias, acin
ipfis {olidis. figurass LHHMP,Y V Zd, producentia.. Dicohasefle:
fimiles figuras. planasicxtadefin.so: hunis, omniomque fic. produs
¢tarum in di&is folidis homblogasduabus quibufdam regulis, veexs
gr.ipfis , OS, fp,=quidiftare.. Igitur figurarum ambientium dita
folida duz aliz fimiles queecumq; capiantur cum. bafibus concurrens: -
tes, vtex.gr. 0 O§,sfp, fimilia triangula, ducantur auten prefas
tis bafibus oppofita tangentiaplana ; A €, T R} fecantia prqc%u&’@” :

: - - o - pla-




plana figurarum, 00 S, sp f,inredis, BC; QR s quibus oceyga
rant, 00, fs, produda vt in pun&is , B, Q, & iungantur, SB,

Q , efto autem , quod plana figurarum ,LH M P, Y V Z d, diuifce
rint plana figurarum, 0 OS, s f p, produ&ta inrectis, K N ,u g , qug
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abipfis, B5, Qp,BO,Qf,fecenturin, 1, X,Ku,&iungantur,

LK,PI,Yu,dX. Quoniamergoplana figurarum , HMPL , V'
Z d Y, predictas altitudines fi- ' ; '
militer ad eandem partem di-
uidentia, fecant latera homo-
loga, a o, Ts, fimiliter ad
Ex Lem, candem partem in punétis, L,
ant, Y,vtetiam,AG, T §,in, H

\

1B BER I D
ptisregulis , O S, fp somnes ¢quidiftare : Et quidem i plana fecent
fiouras , 00 S ,sfp,hoc magifeftumelt, etenim produdte lineg ip=
fis bafibus , @ S ; s P, erunt parallele , &latera Lomologa ﬁ‘n}lhum
figurarum ex traiectis planis in folidis productarum. Sivero plana
parallela {ecent duas figuras ipfis, 00§ )8 f p; continuatas , vt fa«
ciunt plana figurarum , H M PL,VZ d‘)'t ;quaetiam feffmt plana .
figurarum,0 QS , s fp; produdta inredtis, K N, ug, oftendemus
iplas ,K N, u g , efleregulas homologarum fimilium figurarum, 1s
HMP,VZdY, jundis,PK,du, Quiacnims Co, fs,funtip-
forum fimilium folidorum latera homologa, producta, actermipata
ad bafium plana , & oppofitorum tangentium , in punciis ;O,B; f,‘exE(f:Ie;tult* »
Q. ided ; B O, QF, {unt fimiliter ad candetn partem fedzin, 0,5, Lem?ﬁ, ol.,
& nedum ,Q0, s,fed etiam, 0B, sQ , {unt vt eorum altitudines. ,
fumptarelpedtu diGarumbafium , fed fic etiam funtip(e, 08,5 py

V ,erunt figure, ALH,TY
Exlems V¥ ad candem partem fecan-
3 tium, HL, VY, conflitute

inter {e fimiles , & carum late-
ra homologaiple , HL,V Y;
codem modo oftendemus fi-
miles efle iplas, EALP, 1T
Yd, & carum latera homolo-
gaipfas, L P, Yd, funtautem
figure ,AEPL, ALH,in-
picem ad eandem partem -
que inclinate , acipfe, T1d
BEzxlem. Y, TYV,cumf{int in planis
I fimilinm figurarum, A ES o,
Tlps; AGOo0, T8fs,qug
funt invicem ad eandem par-
tem &que indinatg, ergo an»
guli, HLP, VY d,homolo-
gis lateribus contenti erunt g
quales, & circa eofdem latera
erynt proportionalia, Eodem
modo oftedemus ceateros an-
gulos , LP M,Yd Z, interfe,
necnon , PMH,4d 2V, ac,
MHL, ZVY, zqualesel~
{e , & circa zquales angulos
latera exiftere proportionalia, :
Defin.g, €rgofigure, LH MP,YV Zd, fimileserunt iuxta Euclidem e
Sex.El, O ctiamfimiles cruntiuxta definit.yo. huiys , ?
Reliquumeft,ve dcmonﬂrcmu; carum homologas duabus affum-
ptis

Ex Lems
2

latera homologa ,ergo, B 0,ad;05,¢lt VT, 25, ad,5p; & ange
los exquales, B 0'S , @s p, complectuntur latera proportionalia, et 6, sex,gl;
go triangula, Bo §, Qs p; funt ﬁ’m’ll,xg,‘cu:an_verq,ﬁn,t in planis trian=
gulorum, 0 O S,sfp,lunt etiam fi ilibus figuris ,LPr S 9,}«,1’,(1",}; 5
equé ad eandem partem inclinata, quibus cqn}ml_mx:a_,xuﬂtthgmo’lo? ExLem:
alatera, 08 ,s p,ergoanguli ,If{ oL,usY, inter fe, necnon,; P§ é o
I,dpX,=qualescrunt; cumvero, B3, Qp,fintve digtzaltitudi- < ‘?éqéldr.z :
nes, & fic etiam, 18, X p,necnon, P S »dp,(etenim, BS, Q pyiny & o
1,X,&,ES,1p, fimiliter fecantur, & ad eandem partem, in PUD= huits,
s, P,d,)erit, 1S,ad, S P, vt,Xp,ad,pd,; & circumftant an> 6.5ex, B
gulos zquales, 1 SP. Xpd,ergo triangula, I8 P, X pdyfunt fimie
2. Fodem modo oftendemus fimilia effe triangula; LoK, Y su.
Vlterius ; quiaeft, Ko,ad,0 S,vtsus,ad,sp,&,08,ad,SL: -
vt,sp,ad,pX,&anguli, Ko S,usp,necncn ;05 yspXyfune -
zequales, ided trapezia ;Ko SI,us p’)& > erunt ﬁmxyl‘-rva/:,“igd ctiam fie
gure,LPSO ,Ydps,funt fimiles, eft aurem ,rK,L,»av;?_Lo-, vE,
uY,ad,Ys,&,0oL.ad,LP, v, ,sY,gd,Yd,ﬁenjgo,KL) ad, L.~
P, eritvi,uY,ad,Y d, codem modo auten) -of’gendgmus LB PRy
1K ,KL,binas efie in eadem proportione cum erﬁ\s.i’ YS' ,'d"X,X Uy
uY . Manifeltum eft autem fiiungeremus, AO,Tf,ASTp,quod
Ferent fimiles pyramides triangulata iples AQoS,T fsp, ﬁmlh’% o
bus.n.triangulis comprehenderentur, vt meditanti compertum fer, ;x Lot
ided plana, Ao O, Ts f,ideft triangula fimilia, L K‘ 0,4 us,funt B
zque ad eandem partem ip.ﬁg ﬁn}mbus ﬁguns ,‘L‘ ‘ijy‘o‘ 5 Ydpssin- SR
clinata, cum quibus coinciduntin latqlbu“s;.homplqusr, L6, Ys, exlem -
ergoanguli , KL P;uYd, erunt zquales, quibus C”'Cumimnytlg*?efaf‘y S
proportionalia , vt probatum eft yergo 'trlangu]a, KLP,u¥ 5 ;ﬁ" -
milia crunt,&etit s KPyad, PL,ve, 1% dyad, dY,eft vero ; g_’«L.s. i

S
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hutus .

partem angulos @&quales , €=

6% GEOMETRI E

ad,PI,vt,dY,ad,dX ;ergoex =quali, KP,ad,PI,eritvt,q
d,ad,d X,etautem, Pl ad, 1 K,vt,d X, ad,Xu,ergo trians
gula quogue, P KI,duX, panieer fimilia erunc, vade anguli, LP
1,YdX; PLK,dXu,& ,TKL,XuY,zquales erunt.. Ducantur
nunc in planis figurarum , LHMP,Y V Zd, 4 punétis, L, Y, pa-
rallele, K N,ug,iple,L 3, , -

Y 4. Cumigituraaguli, LK A
I,YuX,fint ¢quales,etiam, *
KLj3,uYq,®qualescrunt,
fed&,KLP,uYd, luntz- 4

LP,4Yd,erunt c;q{flales, va-
decumipfe, Lz, Y 4,con="

quales, ergo relidui quoque, 3 /
tineant cum lateribus homos /

j £
X

logis, LP, Yd,ad eandem

runt regule homologarum fi-
milium figurarum , LHM P,
YV Zd,vndeetiam ipix, K
N,ug,velipfee,08,fp, e
runt regulz homologarum
carundem, funt.n, O3, KN,
parallele; veetiam,ug, fp,
vnde omnes homologa fimi-
lium figurarum , LHMP ,Y .
V Zd,ipfis regulis,OS, fp, X
zquidiftabunt, quod & de cge /
teris eodem modo oftendes

tur, dumfecio fietin figuris, - //é VAN
AESo,Tlps, Quodfifie i/ /
guris, AESQ, Tlps, aliz h e/ [T
figure planz continuarentur = ’
citracatactum planorym ba-
fibus oppofitorum, cum his
in lateribus homologis, A E,
T, conuenientes, quibus ef- &
fent inclinasg, parum difimili
methodo, producentes , OB, | ‘
£Q, vig; ad tangentia plana, & occurfuum punéa cumipfis, S, p;
iungentes, necnon extrema laterum homologorum, qaalia fuerunt,
LP,Yd,cum exiremis reftarum in triangulis (qualia fuerunt ,BO
5,QL p,) productarum, paniter iungentes, vt fecimus cum ipfis, K1,
: uX,

IBER .. %
u X, oftendererus figuras his ducis comptchenfas quales fuerunt,
LPIK,YdXu,eflefimiles, ex quo propofituim quoque noftrum
habererus . Similiter § anguli folidi, Q,f , pluribus , quam. tribus
angulis planiscontineantur, currit tamen demonftratio, cum trian-

e

Ex Lem,

gula, GO 0,8 fs, licetnon fintin ambitu folidorum finttamen fi= gy

milia, & ¢qué ad eandem partem inclinata figuris , cum quibus cons
currunt , etenim ex. gr. pyramides, SGO o,p 8 fs,fieorum latera
iungerentur , fimiles effent, quapropter ipfius demonftratjonis vis
noneneruatur. Similiter fi, 0 O S,sfp, noneflent triangula, fed
aliz quecumque figuez fimiles , pro, 08,5 p , acceptis lateribus ip=
fis, 00,fs,adiuncta, 0, conterminantibus ; & planisad hacla<
tera pariter teriminantibus , eodem modo demonftratio abfoluere=

‘tur : héec omnia autem fingillatim profequi nimisfengum , ac {che-

matibus'rem aperire , res tricis plena effet , quapropter Lectoris in-

Lecor ®qui , bonique faciat , hec vero oftendenda proponeb

A Dy ALy 'y
-plana figurarum ;08 O, fp s, produéta in rectis »BO, Qf,fecer
- tur verd hec folida duobus planis oppefitis taréget;tibus parallelis v

" duftriz hoc relinquo , fi enimm ea rect perceperit ,que fuperiusexpli=—

cata funt , circa huius veritatem minime hafitabit, aautem fi--
T, VE&ECipe

milium ‘folidorum planis contentorum varietas emci

fius demonftrationis vniuerfalitatem oculis fubijcere poflim’, quod -

 THEOREMA XXVII. PROPOS. XXX

Ofita definit. videc. Elem. fimiliuth fofidarum figuras
sum , fequitur » &mea definitio generalis fimilinm {o-

lidorum »

Affumptis denud antec. Propof. figuris , fint adhuc fim
fuxta Euclidem ipfa, A GS, T8 p. Dicoeadem cfleetiam fimilia
iuxta definit. £1. huius , quam de fimilibus folidis generaliter atculi, -
Sint autem da@a eadem oppofita tangentia plana , vt ibi, ita vt dug”
fimiles figure ; G F SO, f8 & p, fint plana contactuum ex vna -
te, exalia verd fint plana tangentia, A C, T R, captis autem alijs

ncurrentibus, ipfis pempé, O

§o,fps ,illarum plana extenda ntoppofitatangens
tia plana, in re@isnempé, BC,0D;Q R, £ ; extenfisautem vle
terius planis, GO 6,8 5, qu¢nuncfintinam ibus folidorum ipfa

fecent oppofita tangentia planain rectis, AB TQ:GO,

cumque , & fint illa eadem , qugin folidis produxerunt figuras; LH
ME,YVZd,iftecrgo ﬁ‘xn;i,,lé.s;,efrun{f,,é@‘r'@ar’um homologz , fi pro
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regulis affumamus iterum ipfas, O § , fp, cifdem quoque @quidifta3

uxta d:;ﬂ bunt, ergo in cifdem figuris habebimus etiam homologas.alias ¢qui-
AU gitantes regulis quibufcumque cumipfis, O S, fp , angulos 2qua-
Juiu s.; les ad candem partem continentibus, cum ergoiple, GO, 8 f, an-
gulos quales cumipfis, 08, fp,adcandem partem. contincant,
idco omnium homologa pa- ‘ ‘ o
fiter duabus, GO, 8f, tan-
quam nouis regulis cquidifta-
bunt , iftis antem , queetan.
guntex vna parte figuras , G
FSO, S&pf, ducanturex
alia parte eppolfits tangen.
“ges, F D, & B, ita vtincidant -
dug,GO,F Dyplano,BD, |
in pun&is ; O, D, & due,8 -
f,& B, plano, QR ,in pune
&is, f, B, fint autem iunde,
OD, fR. Similiter figurarum,
HMPL,VZdY,lint ducg
oppofite tangentes prafatis
regalis, G O, 8T, parallels,
planis, B D, QB ,occurrens
tes in pundis, K, N; ugs iun-
gantur autem , KN ,u g, 8
1ta ceterarum fic producibi-
fium figurarum intelligantor:
duétx oppofite tangentes ip-
fis, GO, 8f, parallele, &
praducte vique ad plana, B.
D, Q B, puntaq; occurluum,
unéta reétis lineis , per qua-
rum omnium extrema trame
{cant linex, BO, CD, Qf,
R . Cumergo,GO,8f,

{int homologaruin regula,ac: ; e '1;7"
oppofitgtangentes figurarum & et &

fimilium, OGE:S, f8&p,.
z—ncxdant autem illis ad eun-. . : i
_ em angulum ex eadem parte, 0D, f &, & fit, GO _ad , 8. vt
aahtins D, ad,ﬁfﬁz, ides, O D, R, erunt incidentes ’ﬁmiliu’}n ﬁ’ﬂf:ui‘;zfr’n?
QG F 5','f 8 &p ,_&; oppofitarum tangentiom , G O,F ﬁ, 8f, 8¢
R Similicorin figuris , L MP L,V ZdY, oltendegus effc ipfarum.

e —

MiCls

LTBER II. &

Phcidentes ac oppefitariyn tangentium, HK ,MN,Vu, Zg,ip

“fas, K N, u g, fi.p. lungeremus MK, Z u,probaretur , M H;ady:

HK,effleve; ZV ,ad,; Vu, (funt.n fmiles figure s H MP L, Vo
7.dY, necnon , L PK, Y du, circumftant autem latera proportio=
nalia angulos &quales, MHK , Z V u, &ided oftenderemus trians
gula, MHK, Z V ueffe fimilia, vode pateret angulos, HKM,
Y u Z,clleequales, fedetiam ; HH K N LV ug,funt gquales,ergo ¢,5x. Bl,
pateretangulos, MKN, Zug, efle zquales , funtautem etiam &=
guales, MN K, Z gu,ergo triangula, MK N, Zug, eflentx-
quiangula; vade, M N, ad,Zgefler vi,KN,ad,ug, incidung
autem,KN,ug, oppofitis-tangentibus, HK , MN,Y4,Zgad
eundém angnlum ex cadem parte ,ergo ipfarum tangentinm, ac fi 24.huin

“ gurarum funtincidentes, KN, u.gcum verd, K Npadyug, fivvey

Ain.ri.haigse

Tatus homotogum ad quoduis latus homologum , ideft vt , G O, ad,
8 f,ideftve, O D, ad, tR; O Dyautemad , f B
ided ;K Ny ad,ug;eritvt, BO,ad; Qf, dunt ad
eandem -partem ipfas , B O, Qf,in punéis , K u, que incidunt ips
fis,BC,0D,Qf, R B;adeundem angulumex eadem parte ,funt.
Jaanguli,BOD,QfR ,%qu_a{.es;,’quod & de caeterisincic ntibus.
probabitur , ergo figute , B O D C; Qf & R , qug capiuntomnes di- pagy, 1o
&as incidentes, funt fimiles,8 arum homologg ipfe incidentes; qua- “Hiiis
rum omnium regule funt, O D, £ 5, & funt ipfe figurg ,BD , =
aqué ad eandempartem ipfis bafibus inclinatg ycumfintin planis

urarum, 0 O'S, s £ p, ergo dicta {olida{funt etiam fimilia fux

Quod fi plana,G Qo0, 8 Es,'\npg;gfgn 4mb

Tilium dictorum folidorum , facilé tamen ofiender
folidoram vltra eadem plana exiffentes efle fimiles
oppofitorum tangentiuy planorum 1am :fll&OL‘?Ll.ln;-‘}l];Cldeﬁ‘nﬁ Iio:yg v
yiri in planis figurarum ,,B;'I:D},O\BL »cum e‘xfdem integrantes.4 bénag,_
‘incidentes integrorum fimiliam {olidorum ,ac dicorum oppolito-
‘yum tangentinim, quedipeculanti faC1le’.};31}Q§efgc;» shocautem crag.
oftendendum .. . S et

i

~#= Trculi omnes , necnon femicircnli funt fimiles 1133;;;:{1;65@5@155 :
Q ‘nitionem {imilium planarum figurarum, &_eprum,& tangen=
i extremitatibus diametrotum ducu

sium oppofitarum , qu& Al

incidentes funtipfidiametri. .~ © 0 o x
Sint circuti A B CD, ON Q, quorum diametrt,

fuorum extrema ducaniys tangentes, F 4, GG HO
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hos cireulos effe fimiles iuxta meam definitionem fimilium planas
rum figurarum, & corum, & du@arum oppofitarum tangentium ine
cidentes effe iplas diametros, A C, O Q, qua etiam delemicirculis
verificantur. Diametri ergo s AC , O Q, dinidantur fimiliter ad ean.
dem partem in punéis, E.s M ,a quibus vique ad circumferentiam
ducancur iplz, E B, M N, paralicle dictis rangentibus, quz cum
ad angulos re¢tos diametros diuidant, etiam iple , 8 B, N M, erung
illis perpendiculares , igitur quadratum, ' pe ‘
BE, erit¢quale rectangulo , AEC, fi-
cuti quadratum , N M, 2quale rectan.
gulo,OMQ, retangulum autem , A
E C,ad quadratum, E C,eftve , AE,

- ad,EC,idelt ve ,OM ,ad , M Q, ideft

LS EL g re@tangulum, OMQ, ad quadratum,
MQ, ideft vt quadratum;N-M;ad qua
dratum, M Q , ergo quadratum, BE, -
ad quadratum , E C, eft vt quadratum,
N M, ad quadratum , MQ, ( queau-
tem hic fupponuntur, vel petantur ex

Lib Eucl, lib. Elem. vel ex fequenti meo libs

?e"quler;j‘“ in quo, qua hic afflumuntur indepen- s

vel z0. denter ab hoc Lemmate demonftratur) — = o>

Sex.£ls ergo B B,ad, EC,aitve, N M,@@, I WP
M Q, permutando, B Eyad , N M e- — o
sitve, EC, ad ,MQ, velvt, AC,ad, OQ,igitur, que xquidi-
ftant ipfis tangentibus, F A, H O, & fimiliter ad eandem partem
vecumque diniduntipfas, A C,0 Q, & iacentinter ipfas, & circua

tus femicirculorum , A B C, O N Q,ad eandem partem , codem or- -

Drefin, fo. dine fumpta , funt veiple , A C, O Q, quadidis tangentibus inci-
dunt ad eundem angulum ex eadem parte , qugideo funt earum inci«
dentes , ergo femicircnli , A B C, O N Q, funt figure plana fimiles
Juxta meam definitionem, quarum & oppofitarum tangentium,qug
ab extremitate diametrorum ducuntur, incidentes funtipfi diame-
tri ; fic etiam patebit femicirculos, AD C, O Z'Q, necnon circu-
los, AC, O Q effe fimiles , iuxta eandem definitionem ; quod oftens’
dendum erat. v

THEOREMA XXVIII, PROPOS. XXX

Ofitis infrafcriptis definitionibus fimilium cylindroa
rum , & conorum , fequitur definicio generalis, quam
defimilibus folidis ipfe ateuli. i

pEe

" mandino tum de rectis, tum etiam de

“ideo parallelogramma , AC,F N, & triangula; BEC, GM N, e=-
~runt fimilia iuxta definitionem Euclidis , & 1ded etiam luxta meam;
& quiaiple, AD, BC,F H, GN,tangunt figuras, AC, FN; 2z.huius,

LIBER o 7

v Imiles coni , & cylindrifunt , quornm & axes ; & bafium diame=
tii eandem inter fe proportionem habent . Euclids lib. 1, Elem,
defin. 2.4. ' SR A
Verum,quia fupradicta definitorion
eft nifi cyhndrorum , & conorum re~ -
&orum,ideo aliam,que affertur 3 Coms-

fcalenis illi fubiungo, quam fufficiet 5-
ftendere cum mea fupradiéta concor
dare,nam hgcCommandini eam,quam
Euclides atculit, inuoluit, N

S Imiles coni , & cylindri , fiue re@i), fiue fcalenifunt ; quando pet

a ' axes du&is planis adreos angulos bafibus , communes fetios

nes eorum, & bafium cum axjbus &zquales angulos continentes,eans "
dem inter f¢ , quam axes , proportionem habent : Commandinuslos . -

co definitionis fupra citat .. DU e e B

Sintconi ,BEC, G M N, & cylindri, A C,F N ,fimiles fuxta Defin.

proximam definitionem. Dico eofdem efle fimiles’iuxta méamfi= can 1%,
pradi¢tam, Vtautem in fimul pro conis, & cylindris fiat demons

ftratio , fupponantur coni, & cylindri iam diéi effe in eifdem bafis

- bus,'& circa cofdem axes ; ducantur ergo in ipfis plana per axes, qui

fint, E O, MR ,quoniam ergo latera cylindrorum {unt fuis axibus -
parallela, ideo diéa plana tranfibunt per latera cylindrorum ; fiue gy gop o3
“cylindricorum , AC, FIN, & per latera conorum, fiue conicorums; g 4.Cor,
"EBC,MGN, quiaper eorum vertices intra iplos ducuntur, fint

autem diéta plana ea, qug fint ad rectos angulos bafibus, quorum&e -+

“bafium communes {ectiones , quz fint, B €, G N, cumaxibus ze

quales angulos continentes eandem inter{e, quarm axes proportios "

nem Habeant, vi fere definitio, fientigitut in cylindricss parallelo- .
granima, vt, A C, F N, &in conicis triangula, vt , BEC; G MN, ExCors.
& quiaanguli, BOE,G R M, {unt gquales, ideo ctiam ipfi, BC D, %C.?X 16,
G N H,funt-quales , &elt,BC;ad, €D, vt,GN, ad, N H, itz

- qui= .



quibus incidunt ad cundem angulum ex eadem parte, EO,MR,&

que diuidunt ipfas, EO, MR, fimiliter ad candem partem exiftens

tes parallelz ipfis , B C,G N , funt vtip(z, EO, MR, ad candem

partem eodcm ord;ncmter ipfas, & circuttum di&tarum figusurum
comprahenl , quia qua funtex vaa parte funt ®qualesipfis, BO;

G R, & quacx aliaipfis, O.C, R N, in triangulis autem{unt , vt

Bk iptz,BO,G R ,vel, OC,RN,.ivt,OE; R M, & ideo, earum
m‘}"“‘ incidentes , & oppofitarum tangentium digtarum eruntipfe, E G,
' MR, qugtangentes funtregule homologarum fimilium figuraram,
AC, FiN,vel, EBC, MGN. Vlterius, quia, BXC G YN,

{unt femicirculi,erunt figure plang fimilesiuxta meam definitionen,

ExLem, quarum & tangentiui, qui per cxtrema, B C,G N, ducunture-
aat. runt incidentes ipfi diametri, B C, G N, vt probatum fuir, veluti
" idem patet de femicirculis , LR C, G Z M., & dc quibufcumq; alijs;

quediudent ipfas, EQ, MR, fimiliter ad eandcm partem, & Tol=

i7.Vndes fequenter dividunt ctiam altitudines coriidem refpectu bafium fums-
cuni El. pras fimiliter ad candem partem , & deijs, QU per extrema , E, M,
ducuntur , habemus ig tur cylindros , AC , F N, fiue conos, BECG,

G M N, quotum ducta funt planaoppofita tangentia di¢torum {o-
lidorum homelogis figuris parallela, quafuntplana , BRCX,A
D;GYNZ,F H,qubus inciderunt duo planaad ¢quales angulos

cx eadem parie , illa nempé , in quibugfuntipia parallelogramma,
AC,EN,vel triangula , B E'C, qufiafunt re&taad bafes i, ad dicta
tangentia, ipfe autem figura.i. parallclogramma,, vel trianguld in-

uenta funt efic fimilia , quarum homologarura regula oppolite tan-

gentes, AD,BC;FH, GN,quarum funtincidentes, EO, M R,

earum autem linez homologe , fumpta regulis dictis tangentibus,

reperte: funtefle incidentes figurarum planarum fimilium, quee di-

vidunt alticudines dictorum {olidorum iam dictas fimiliter ad ean-

dem partem , & oppofitarum tangentium , qu omnes ijs s quae du-

cuntur per extrema , B C,G N, tangentes circalos, Ba C X,GY

N Z, {unt equidiftantes,, vt facil¢ confideranti patebit , ergo cylin-

Definir. dri, A C, F Nyvel coni, B E C,G M N, {unt imiles juxta meam defi<
nitionem generalem fimilium folidorum , quod oftendere opus erat.

THEOREMA XXIX. PROPOS. XXXII.

7=y, Efinitio mea fimilium conicorum , & cylindricorum
) concordat cum definitione generali fimilium folido-

Sint.

| LIBER & 73
Sine eylindiieruidungue, A 1, K Y; few conici in ijfdem bafibus,
& altiendinibus ( V¢ yna vice virinfq; demonfirationem abfol amus)
NLH,VXY,fimiles inxta definit, 7, huivs , Dico eoldam, etiam
effe fimiles fuxta definit, 1T, Quoniam:ergo veraque prdica folida Hefe
funt fimilia , erunt bafes ,.L H,X Y, fimiles, ducantur earum Opv'o'- T
fite tangentes , qug fint homologarum reguls, ipfe, LD, B G, X f, Coroll.z,
Y1, quarum, & predid¢arom fini A
lium figurarym incidentes fintipfe, A B - . BDefo,
DG, fl,qua etiam proregulisalia» % : :
tum homologarum fumi poterunt, -, Corll,
fint ergo dug quacunque homologg o,
parallele incidentibus,, D G, f1,ip» N c N\ :
fz, LH, XY, fiergoperhas, &la- R\ I N Defing,
A \ E‘

tera cylindricorum , vel conicorum SN

iam dictorum extendantur plana, ab. D
ijs producentur in cylindricis fimilia 7Y T b
parallelogramma , & in conicis fimi-
liatriangula , qug etiamerunt ad ba-
fes zqué ad candem partem inclina-
ta. Extendantur érgo per oppofitas
tangentes, LD, HG ; Xf,Y ], pla-
na tangentia tam cylindricos, quam
conicos.iam di¢tos,& hec fimul cum
planis bafium indefinite producan- v
tur ad partes incidentiom , DG ,fL, - .o o
& tandem per y DG, fl, cumfint —~ kK =
arallele, extendantur plana-ipfis; TR | St
AH, KY, parall¢la fecantia iam pro- 1
du@a planainre@is ,DG,GE,E - &N
B,BD,DE, f1,18,&Z, Zf,f NNy N NP Defaas
& , erunt ergo parallelepipeda, AG, o N\o vndec.El,
Ki,&prifmata, LNGD ,XVIf,  X/NT_| N, ved
ergo erit parallelogrammum ; BG, TN - Elemy
fimile ipfi, AH, &,Z1, fimile, K N L
Y, quecum fintinter fe fimilia,es- ¥
tiam,B G, Z1,erunt fimilia,fice o o {/
tiam oftendemus triangula, EDG, =~ . ¥
& fl,efle fimilia , fubntelligeivxta . = -
definitionem Euclidis, ergoeruntes = = - -
tiam fimilia iuxta defin. 10. Ducantur duo plana oppofitis tangenti az.huios,
bus intermedia, ac paraliela, altitudines ditorum {olidorum reipectu
bafium,LH, XY, {umptas , fimiliterad eandem partem diuidentia, -

1%
w

i

.
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quez in cylindriis producant figuras, 1M, R T, inconicisverd, 0 -Gt Booracun, B Gy Zr waruh & oppofitarum
 M,ST,fecent verd plana tangensia inrectis, LG, MT. 04 r 3, hoiciogas il BRROn » 1 B Taentes funt iple, BD, 25,
j6.vad, Tp,So0, ifteergo crunt ad inaicem parallele , & tangent ﬁ,guras, mpgequ‘um?g ; : fei-jis trﬁi‘é&is"plhhié;y‘ﬂ it clEcontingere
Blem. IM,RT,OM,$ T,eademverd planafecent plana, B G o 415 Bizec autem etlam AN LRSS ETE & Rofl  erunt figdre incidentes”
Corol.g: yegis, CF, & p. Quod ergo figuree, IR cfiendemus,, crgo, B'G,Z1, ED'G, &l erunt Bgutg v
Eorolﬂs.I-M RT vel (OM.,S T, fint fimis o ﬁ-‘mumm‘c‘ylindficmmnf,'fe conicotum-iam d1£‘corpn1v;&;99l3j‘9ﬁl“ifj
lésbe’lﬁbus,,& i jfdem’ﬁm'il’itcr pofitg 7 A BB T punrtangentinm ,pl'ancrqm;AEstG»f'K &z",X‘TL_‘_,,??gQIxrn“l}_lls‘f?h‘_‘v

fzfﬁuEs“gnhm oftenfum fuit,,ex quofit , v & o B dis aafunt'O'tﬁn'estohdition’C-§*'d¢ﬁﬁf’I ro vt recolents cafdem patefict;
) ’ el NN b Y igitur ertnt juxta eaAndem pariter fimilia. Aduerte autem , GRO2 P

ipfarum , & quarameung; ficin pre= N\
fatis folidis producibiliom fimilivn. \
figurarum homologe duabus qui-
bufdam regulis, vi ex.gr. infis , B Gs.
Y1, femper@equidiftent .. Réliquum.
eft autem , vt probemus;, CF, B ps.
vel,d B, 0p, effe predidarumins
cideates. Cumerzodu:, 1 C,CFs!
0. Val. duabus, LD, D G, ¢quidiftentan-.
Blem.  guli, [CP,LDG,=quales crunt,.
fic-etiam probabimusefle arquales,.
RRp, Xtl,cum vern, 1C,lee-
tiam xqualis, LD, &, R &, ipfi,. .
Xef, necnon ,CF, ipli, DG, &, /'X -
np, ipﬁ,‘f] setig IC,ad, R By Vs N

potutplanum, NG5 tangere tamcylindricu, quam conicum , vt’
etiam ; V1, ne figura nimiis“confunderetur »&vt fierent -1&;&;; -
‘G, &l , communia pax‘jg.llrevlgggaxmp}s_,ﬂlri G 5 Zl ,&mangu 1:1; ,D
EG,f&1,valebittamen eaden demonttratio \e_t;larn._ﬁp}~a naf uéa
er, H G,Y L,.tangem’iagylmdncog_d_lu;rfg finta Pl?ms},’g caldem,
WG, Y1, wranfeantibus, a¢tangentibus iplosiconicos s ent ';fm?a
- femper fimiliatriangula. E n(‘;_.&"f'];cmax_nﬁ nonradxaceangxatggg
ihus, EG; &1, vE conﬁdcrafx‘m fa.cﬂé Eatebxtg, Irzec aptem£iobl
flendenda erapt.c il T

| THEOREMA XXX. PRO.

1 1 folidum rotundum fe cetur plano per axem, prod
) fum genn

v

i i

eo figura eri, qu& per reuolutionem i

tcu IUS,‘HI)‘ ER

o S . { ™Y ST i v
C L;, ad, R 12& inciduatipfis , I Cy . - Sit lolidum rotandum , cuius axis, AM; bafisccirculus, Ha) Bty /e
ME, Ry, Tp, ad eundem angus ' hoc autem plano per axem’ A M, du@o fecetur s quod in €0 produsTHEE
lum cx eadem parte, ergo, CF, B cat fisuram , ACDPF G. Dico han S
p, evunt incidentes fimiliim fignra-. . efle e%m L;é:'per regolutionem ip=
3 nhuius. 10O, [ M, RT, & oppofitarumetan-. {fum fc)li:{u('.ln’j gtﬁﬂﬁﬂ-it . l-ntcl’ligamt‘ire- -
gentium, I.C; M-F;RR,T p,ca- . uolui Cirga; A M ,figura, queditum
dem ratione demonfirabimus s dF,. {olidum genuit, donec reperiatyrpos
0 p,cilcincidentes fimilium figuras, fita in plﬁno figur , ACDE G, 18
rum, O M, S T, & oppofitarum tan- - cur vel harum figurarum - perimetii
gentum, Od, MF; So,Tp,eflt. l cong'z’-u\unt;xrel'ﬂ'dli ,fificexillisfa- - -
autem,.d¥sad, ap,vt, d Eyad, " @a erit vna figora, ea nempe> QUE
o & {cilicet, vt 5. D B, ad;f&; nam,. A , per repolutionem generat dictum {0-
N D £, f&; funt fimiliterad eandem. .. c lidum , fi verd non congruant, ali- -
77, Vad. partem diuifze in pundtis,, d o, (ete-. g quis pundus altetins ambituum di= - : ~
e pim ‘a.lcitudiﬂes _d(iié‘corum {olidorum perplana, 1 F , R p, fimiliter ad * dtarum figurarum non ;fepef.ie}tgm i ey
candem partem diuiduntur ) ergo, d F, 0 p , 2quidiftantes oppofitis liquze ambitu, fitis punctusy By QUi 00 s
rangentibus, BE,D G, Z)& SF1 funt hgéoﬁo cm ﬁgu‘raryu%giﬁmi- ::Zpgriatuf in ambicw g‘gu@ » quae pet reohitionetn dfliaﬂm o
Hum ,__E 5 G,.&fl,quarum & oppofitarum tan:gcntium incidentes defcripfit, quefit ipfa, A BDFG’ &non m!‘amggtu‘ ’ gaffx; c& (as
sauntipfee, BD , &f..Eodem modo oftendemus,CF, B p, efle F G, cuius ambius eft commu‘ms-feéltéo-p;apldu bpetarei
" hoe B0 : ‘3 “ .
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perficiei diGtum folidum ambiemis,qu;q 'gitur, B,non eft in comm

nitectioneiam dicta, &eltia plano figure, ACDFG
intra, vel excra fuperficiem ambieatem dictum folidum,
ambitu figure, quz tali ambitu diGtam {uperficiem deicribit > €rgo
eritinipfaluperficie ambu;nte y& noneerit, quod eft abfurdum , non
1gitur aliquis punctus ambiuus figura, qua dictam (olidum per reyo-
lutionem generat eft extra ambitum figure, A C D F G, igiturifti
ambitus, & conlequenter ip(& figure fibi inuicem congruunt, & fit
vna figura. ea {cilicer, qu per reuolutionem diGum 1olidum rotuns
dum generar, quod ¢rat demonfirandum . S

THEOREMA XXXI. PROPOS. XXXIV.

. . S roo ,
I folidum rotidum fecetur plano ad axem re&o, fiet con-
ceptainiplo figura ¢i i iti ‘

Sit folidum rotundum , cuius axis, A C, & figura , quee ipfum per
reuolutionem genuit ipa,ABCD, fecetur autem plano ad axem
recto, ex quo in iplo producatur figura, MBN D . Dico hancefle
circulum , cuius centrum eritin axe , ve, B sfit autem communis fes
¢tio plani re¢ti ad axem, & figure ,ABCD, reQa,B D »quia epe
go figura, ABC D, eftcircaaxem »1pfa dutem , B D, que rete a=
xim fecar, vna eft exordinatim ad ipfam, ﬂg ' .
axim applicatis,ided ab ea bifariam diuit
ditur in pun&o, E, ducatur nuncaliyd plas- A
uin per axem, quod in dictofolido. pro- '
ducat figuram, AMCN, qua. fecet figu-
ram, MBN D ,in re&ta;M N, erjt ergo
hac figura cadem ei, que per reuolutios
nem ditum genuit folidum, & ided erit fi. /,
guracirca axem,ad quam ordinatim ap- :

E_)
plizatur, MU N, cum ipfa re@t¢ axem , AC, - B\\% ‘
diudat,ergo, M N, bifaciam diujditurin,

E,eodem palo quaicumgq; alias.commaus ,' = T
nes {e&tiones figurarum per axem , A C, -
tranfeuntium , & figure, BN D M, often- ¥
de.nusbifariam diudiin, &, Vieerius, quia figure, ABC D,AM
CN,fua eedznilli, quz.per reuoldtionem generat folidum ;AB
CD,%&,8D,MN, tranfeunt peridem pun@tum axis , A C, re@e
eundem fecantes ,ideo. fi ipla, AMCN, reuolueretur , donec effet
nplano figurg, A BC D, illi congrueret »&, M N, ipfi,B D, va-
4o, MUN L8 D, lunt equales , & ideo eargm dunidig, NE, EB; M

7

»igitur erit
clt autemin

“cum per cénv:kii_ o 4n

BT BrER L g7
; ' uals., codem:pacto- oftendemus quafcumgque du-
E’%Dsﬁii‘g f’g?a}lnzms:amtziérﬁter@a MBND, cfle zquales
wilibet ipfarum , B E, E. N, B D, E M. crgo figura i
zixculus, cuius centrum,Bsinaxe rﬁg@ﬂ,tﬂr,_.fq,govdj-CEaE-TOﬂﬁ.l, en um
" COROLLARIVM. .
\Olligimus: autems.ipfes . B:D M N.sCommaunes: [ iones figii-
; Orl: ;gzg'z:f“zggmez&};fﬂ;,é, & circulorum , qui per’ fbﬁm m du‘,'h '
Iti per plana ad.axer - velain €o producuntur:, efJ¢ cornm diametrosy-

) pta in cono figura erit circulus: centr
‘Siii:g(/)nu,s: fit re&us iiaiethoc:cx' antecedentl Ptopo!

pali o fec ;
lenus ,qualis fit.conus , A:CE D, qui fecetut p.
g;gﬁ?ﬁ;&e, quod in co prodacat figuram , BR E

circulum , centrum in axe habentem .. Sgcgtqr‘_e;gg&}?g;ézl}’iﬁ, CED.
quod in co producat .tfiangu‘h‘.lé;r,i»,i ; ﬁ Sm?t é:g:?ﬁ i ‘e-ié;séamém; .
o faa - Jis &i ‘ aut

§:éccni]i]gﬁllll:;l,s éeglgff:,o?mgu’n?:feﬁxo ,;‘B“‘E ;funt 1gxturtuanguh.AB #Sex.EL
1,ACN, fimiles,quia, Bl ng,qmdlﬁ_atllgﬁ?_»c T

I\'E 3 ergo,,,C N,ad, NA,eritvt, Bl;a ”I’f%’--'f. S

eodem modo oftendemus AN ?.ad 3N Dé el\?
vt,B1l,ad,1E;ergo,ex 2quo,C I(\}I "au;:iis' o

D,eritve,BI,ad, 1E ,{ed, CN,effequ né: ,
N D, ergo&,BI, ipfi, LE .. Ducatur npan_., o
aliud planum pe;axem,‘quod_prv_qducat,Bt% g
gulum , A N F;quodg; fecet figuram BRE

in, [ R, fient ergo trianguli, A1 IR A ; l‘ir;c& -

_quianguli, crgo, FN,N.A, N Cc "emli-\A' e
in’eadctﬁprbpori;igne gur&lpcﬁs ;rI\E\Ir L ad: :

uo, FN,ad, NG, 2 ;

irl%?(’c?,%qN ’,eﬂ aqualis ipfli ,N C, er&go ,dii
1, critequalisipfi,1B, codem modo often

mus quaicunque du&asd pun&o, 1, ad lme:'lr_n«axybx?n:ergu,i fs jred
eflezqualesipfi; B, crgo figura, BR B, cnt: circulus , Cuits €EA2

trum ; 1, quod oftendere oPortcbat :

co :



T Ine pateripfait s B-E s Coinmunens | v ionem trianguli peydiens.
S0 authi, & cirenliy, BRE s effe cinfdem diamesrum ,cum per eites
GeRtipmtranfedts SR LU B I S T

%1 Tolidum’ fotungdm drur plane
) per axem , deinde fecetur folidum rotunduin (nifibafim™
habeat, qug circulusesit) plano-ad axem rectocirculum pro-
ducente ,incuivs plane, &illius ,quieft coni bafis perpens
diﬁulﬁfig dﬁ T& gf"uu 3 Qg"s:".:‘ ) : -'\; 3 6. e .Aa. G THL J
pun@o in ambitu Aigura per dxem, per illuniaquidiftans di-,
&a perpendicnlari duéa fueritre@a linea, hac tanget didta
folida , ar fi famptus pundus fic extra talem ambitum , fed in
fuperficie ambientedi&a folida, que per ipfuarduciturets
dem aquidiftans intra diGa folida cader , & producta vique’
-ad fuperficiem anibjentem a figura ‘}”’9‘% per axem bifariam
dinidecur . TR R Ty
, T4

Sit folidum rotundum , AB TF,vel conus fcalenus, AP R yin
bafi circulo, P X R Z, quorum axis, AT, & fifolidum rotundum:
non habeat pafim, fe- R E R i P P et
cetur plano re¢to ad -
axem,quod in eo pro-
ducat circulum, PXR
Z,lecenturauiemain=
be planis per axem,
qua producant in fo-
lidorotundo figuram,
APTYF ,& in cono,
trianguluny -, AP R,
deinde in plano circu-

11 , P2 R X, ducatur -

ipfi, PR, communi- .
ieCionidicticireuli& 1 ; :
feire peravcm, perpendcularis, 2 X, & fumptopungtoin ambii
fgure peraxein, v, 2, peripfum ducatur rectalinea parallela ipfi,

nédm , vel cenus fealenus fecentur plans -

ey RIS o= ro vy SanO pra

L ~ ¢ : 78

7% Dico hanc frangere didtafolida; fi enim non tangit fecet ; ve-

lnti, D 3 N in puncto, N, dgitur pundus.neetitextra planum figue

rz pei axenl , nam-ipfa; D2 Ny eftparallela ipli;Z X, qua-cht ad -

rectos angulos figure pefaxcm tranfeunti;; & ideo etiam; D2 N, 8.Vndeg,.
eftilliad retosangu 25 etgo non Elem.

' oceurrit autent illi-inpunéto 2
occurret illiin alio puncto ; ergo, N ,eft extra planum figure per as
xem , dircatiir per, N, planium 2quidiftans plano; P XR.Z, cireuliy:
quod prodiicat circalum, BN FC & fit,.B F;,communis fectioip- it
fius circili ; & figura per axem, que eritipfius circuli diameter, &, o e

—I%; nonerit aliquisprnéorums: BE; ergodiab, N, duxerimusiphl, pyjys -
Z X parallelam y vty N Clyeum etiam; BE it parallela ipfi, P R -

" continebust dngulosequales; fedy ZX, feqat-Pet-pepdxpu-lar1t,e P

R, ergo 5 fecabit perpendiculariter ; B-Fi;duftanon abie
mitate diameétit yetgointra circulum; B CE N, erit ,8¢bifa
cabitur-abiptas; Bfyergonoatrant bit-per-eirguitum

*yem duétee., 8¢ pér ipfum; tranfit; D 2 Niyergo N O, N 2

_duee re@a linez cidem’; Z X, parallele, ergo ctiaminter fe

“rallele; quedieft abfurdum , cum tranfeantper idem pun Ny

~ergo du pun@um ambitus figure per axem parallelaipfi, 2 X,
tanget.didtafolida: Sit nobis nung punctus , I, pro punéto vicung;

in {upesficie-ambiente fumpto ex gircuitum figura per AXem 5.

- quo duéa ipli; Z X, parallela,ogcurt: tprodiéa fuperficie imbienti
in puncto; C , oftendemus ergld godem: modo {upra adhibito ( po{f: .

‘quam daxerimps per, N, planum circulo, PX R Z, &qu diftans,’

quod’in folide producat circulun, BNE C,) ipfan, NG, intra cire
culum, BN B.C, cadere y & bifariam di F, fiue d-figny

Ilﬁiﬁ??a

dhuidia re&ta, B
endicularis ipl

peraxem duda( nam ‘eﬁ"“’,__l\?‘*C,‘fgl_g;:rp
endere opuserat., 5

 THEOREMA XXXIV-PROPOS. X

© Ifolidom rorundum, vel conus fealenus,
19 peraxem , & deinde alio planofecentur

fecentur plano
uius; & vnius:

plancrum redte axem {ecantium communis fit
nea perpendicularis communi feti ., &
‘axem ; figura 4 fecunda fecante plano infolido produc

circaaxem , inconofcaleno autem erit ¢irca axem 5 V8 1dia.-
§}ﬁetrum , &axis,vel diameter erit communis{ecio per didas
A A : : PO e X S

Mecantia plana produgtarum figuragup- - - -

Sie
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sit {olidum rotundum ;A B C-Q, & conusicalenus . AP B QM
veraque autem fecentur plano peratem, quod producatfiguram, A,
P CQ,in iolido, 8 triangulum, AP.Q yin cono sdeinde fecentur
altero plano ,cuius , & plani recti ad.axem:(quo productus:fit circus
lus, PMQE,) com‘mums,-!.eétio fit , E.M, perpendicularisipfi, ¥ Q,
communi (eft{ogi,exuldCin +& plani peraxem ducti. _Di'cd.ﬁg‘uram,g
5. Defn. BED M, in 1011do,rocund0:eﬁe‘circa,axem.;,&ine‘,co:lo..cirg::aaxem,
X vel diametrum, & axem , vel diametrum efle ,:B. D scommunein ie-
&ionem, produdtarum figurarum. Sisergo fecundo ;producta figura
33.huius, per.axem pariter du&aeflet, manifeftuin .eft in folido.rotundo fore
16:huius. fignram talem circa axem, &in cono fore triangulum., in:quo axis,
AC, fifecarer eequidiftantes bafi talis triangul ad angulos rectos,
cum illas bifariam diuidat, eflettalis trian gulus fignra citca axem yfj
verdad angulos non rectos; eflet figura circa-diametram , nempe
circa, AC. Sed norrtranfeat e : Houra peraxem ; i
tem puncta, B, D, extrema.communis fectionis primee 8¢ fecundg
figure , ideft ip- R S
fius, BD, crgo
in folido rotune
do ( &incono,
dum twiangulus,
AP Q,peraxem "
duéus tranfit c-
tiam per duétam
a vertice, A, pet-
pédicularem ipfi
bafi,P EQM,
ideft cum ‘trian-
gulus , APQ ,eft
ereusbafi, P E - : ;
. Defin, M) ipfa , E M, communis fectio fecundi plani fecantis, &, P Q,
yndec.El, planire&e axiorfecantis, cum fit perpendicularis, P Q, communi fe-
&ioni planorum , PEQM, APQ;,ad inyicem erectorum, erit etiam
perpendicularis plano per axem, & ideo erit perpendicularis ad om-
nes per eam in tali plano tranfeuntes, ided , BD, re&¢ fecabit ipfam,
E M ,.& que ducuntur per extrema, B D, zquidiftantesipfi, E M,
tangent ipfafolida, vnde, B, D , erunt oppofiti vertices figurarum,
1.Difin. BED Mjrefpedu ipfius., EM, fumptarum , quare ,BD, fecabit
Corol. o, Omnes illi zquidifantes in figura, B E D M, dudtas, & quia fumpto
4 Huins. in figura, B E D M, punco, qui non fit vertex refpectu ipfius, E M,
COIEIOU.I. & ab eo dudta cidem,E M, parallela intra figuram cadit , fitis pun=
4 Huius. s O, 2 quo ipfi, E M, fitducta parallela ipfa,OR, igitur, OR,
S

FY AAVR S L g o)

Cale

i

B Bx antee,



Sa J ML

Sit-conus, cuius vertex, &, bali i

15huins. prius plano peraxem ,quod ineo-produca

cetur deinde altero plano bafim {ecante fecundum reé

Exantec. pendicularem ipfi, CF; cuius in: cono concepta fit f

erit ergo-hae figura circa.axem, vel diametrum

lela ipfi,. A Fyculus vertexrefpetu ipfius, E'D

uncto.,. M , qui nonfit-punctus:, B-,led vicn

- EB D,extrabafim; E D, ipfi, E D, refta ¢qui

- du@a vig; adambientem fuperficiem:,.cu

“erit vna ex ordinatimy applicatis ad-axim,.

diftans ipfi, E D+, qug bifariamdinidetur a

ducatut per, N, ipfi-; CFyparallela,.

£5.Vndee. D, paratiela, ergo planum trandiens per

cim, El, v bit bafi; C EF D, & quatuor punda, H

35huius. }fveriphz’eria-, cpm.s dxax_;ﬁccer;’.. H R  qu

{ecat, MO, perpendiculariter , nam an

Secun, Sulus, HN M, &quatur angulo ,C V- E

qui rectus €t , ergoquadratam , MUN ,.@

quatur reGangulo, H N R, & quadra
tum, BV, re@tangulo, CV B ,effantem

rettangulum ,C V F, ad retangulum , H

" MN.R.,(quiacorumaltitudines ; V. F, IV F

- funt @qualesy cum fint paraliclogramiy,

- NF,oppofita latera)vtbafis, C V ;ad,

HN, ex prima ar

libro fequentis.

3'4.0
Blem.

, ‘moanitrata, &quia, H N, et
aSexei ipi,.CV,trianguli , BHN, B

Elem:  V,ad,HN,ita, VB,ad, BN, ergo re¢
&angulam, H'N R, ideft quadratum, B

5> VByad , BN, eft autem qua
7, nam eft equale quadra
»ideftduobus quadra
tuor quadrata , E V, & ead

4.Szcun,
Q’alelm

O},ﬁﬂ q 5
deatuin, M




3 CEOMETRIE ,
nité fecat bafis productum planum inrédta, 2, Z, perpendic
triangulo per axem, A CF, & fintadhucperpunéta ; N, 5, ipfi,C
sg.Secun, T, dudee parallele, T Ly H R, igitur quadratum , B S, erit ¢quale
Blem.  ye@tangulo, T 8 L, & quadra-. S e
twm, M N, zquale rettangulo, ‘
:f‘}l; Scf’;ra HNR,atfeéangulum, T SL,
velon ,_;1'_ ad,HNR, habet rationem coms -
Sext.El. pofitam ex eas, quam habet, T
» S;ad,HN, -i-sB‘,ad,BNg
quia trianguli, BT S, BHN,
funt &quianguli, & ex ea, quam
habet, SL,ad, NR,..SV, -
ad, V N, quia pariter trianguli,
SV L,NVR,lunt zquiangu-
1i, dug autem rationes, S B ; ad, - o
ExSexta BN, &,SV, ad, V N, componunt rationem rectanguli ,BS V,
ixbl.z.fﬂi- ad reGtangulum , B NV, ergo rectangulum , TSL,ad ,HN R ,.i
ggﬁﬁ” quadratum , B S, ad quadratum , M N, vel quadratum, B D, 2
: " quadratum, MO, eric vt rectangulum ,V $ B ,ad rectangulum , V
NB ,fquod‘ oftendere opu.erat ; hzcautem ab Apollonio-vocatur
Ellipfis . A ! AR

.......

Aec cirea feltiones conicas appofi
W1 currit in lncem profervem, tim v
" wes > qua ab Apollonio in Eleme
wel axes quofcumque demonfirant
princivales , fine ex generatione vocans
His tamen countentt ex Apollo
axibus ,vel diametris quibnfcus
primi Conicorum, [cilicet
in Parabola vnamgq;
generatione ducuntur
verd , & ellipfi; & of
per centrum
quamg; diam yequl
ipfi adiacenti ‘hyperb
taipli, qug excedunt eadem figur
fizunt ; Poltreno qugcumque cir
diametris demonftratafunt ; 8
Cngerg,. il o

wlar}

Tyes qutent proxima Propofitiones esiam in mee
feripta fuerunt , cem & ibi jifdem sndigerem , b4
volii vt qui mewm ilind Speculum now viderunt ;€
po"m'zzvz::‘{/l‘l 1quq tamen ex mf_mfc_rtp;ls nuneex Arch
Commentaoribus [umemus, vt 1am oftenfz, ne has dem ’
apud prafatos Anitores vidert po ﬂimt, fruftravepetamu

. THEOREMA XXXVIIL PROP

g I Iphera ,vel fpheroides , conoides parabolicu
o) perbolicum planis fecentur ad axem recti
fe@iones erunt circuli diametros in eadem fig
xem (queeft illa, qug per reuolutionem creat di

Patet hécf,f“Prbpo'lftio;,"rlékth,fupfz@@{‘i& funtf :
Patet hec P tio; e

{cuntur .n, ex reuolutione figurarum cir

I ¢onioides parabolicum plano
¥em, neque 2quidifta
communis fectioe
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EOMETRI E

J %
d mfc,g?wi‘%ils ﬁf‘uram 8 aleerius acti per axem feloid, @Eag
pum fecans. Archim. ibid. Propof.14.

THEOREMA XLI, PR@POS XLIV.

\\‘w

% fphw@xacs pianofeccwt non redo ad axem , feGioerit
v ellipfis, diameter verd ipfius maior erit concepta in {phe-
voide fetio duorum planorum, eius fcilicet, quod fecat figu.
ram, &eius, qzzooi ducuur per axem rectoad planum. [cca,nsa
Arch. ibid. Propol.s

Minor verd diameter fic habetur., 'tSpha:xoldes vel conoxdes
hyperbolicum , BD M [, axis, B.M , centrum,,
akem tranficns in , v
fpheroide, B D M C
¥, in conoide verod
hypmbola NCO.
- Segetur autem {phg-

roides , vel conoides
plano nonrecto ad
axem , fed erecto fi-
gure, BDMUF, ex
~ quo fiav in ipfis fe-
gtio, DF, hac erit
\clllpfs cuius-maior
dlamecerg PF. In
ueniatur nUNC vere - é“\!i
tex ellipfis, feu hy-
perbola BDME,
reipedu ipfivs, DE, quifit, C. &izungatur CB, acp
tur, B G,tangensin, B, lpfam elhpﬁm, fen’ hV' erbolﬂm,r_an lem
pun&;o D parallcla 1pﬁ BG,&apuntto, F parallelaipfi ¢
producaniur, DE, F E , qua inuicem concurrentvein, B, ]
1gitur, quodetit, B D ‘minor diameter eiufdem ell xpi‘ is;DE.,
Hoc autem demonﬁratlbxdn D&mé Rivaltus ia Commc
Archim, ad Propoiaz%s &1 5 T

e D

LEBER L &
THEORéMﬂ XLII. PROPOS. XE‘V

@I {phzroides, vel conoides-parabolicum,, feu hyperboli.
cum fecentur quomodocumqs planis parallelis ad axem
redis, fiue inclinatis,.communesfeciones fimileserunt,&

diametri eiufdemrationis erunt omnes in cadem ﬁoum pc&

axem. Es:a,nfcunte; rc&ccafdcm fccantc, .

e coll iguntur in Coroll zaerp £y Iibe. Arch, deCono,dx ”us, -
&S phzro‘d ibus , & ibidemetiama F edetico Commandinoin {uisin
Arch. Comment. demonffrantur .. Hec verd eirca ipfas feé’clonumﬁn
guras verificari’ pariter manifeftum eft , hocautem im
7jidem feionam nominibus tamquam ﬁgu as {ub
fas fignificantibus. St

THEOREMA xm; P

Xpo(’us prsedxé’ms coni fe&ior bus; ci
hpﬁ,Parabola,&Hyp 1bol:
fmdma,txm applicantur, dxamcm cﬂc 1rcl gant
Tum wmfsdefmpmmm qui finte
“rarum , pekipharig deferiptorum'circulorum
j@ﬁczrcu'us crunt omnes in fuperficie fph
Ainfuperficie {pharoidis,in Parab.ir
abohcx 8 in Hyperbola m;(upcrf

Smt mwdz&g fectiones Ffr m; ,
cilicet, lpfez SAB cCD, earum_,
es, A C, ynaex mdmamm ad”
um app 1mt*s BD; quain--
ligature effe dxamem ab ea’
dmulp*i arcoli,BNDE. D
-0 cireumfercentiam, BND E,.
eflein dida {uperficies- Intelli- |
neur-difte figura reuolui circa” B,
G8.AXEs, VT e circulo fiat{fphg-- =
- cilipfi [phzroides , ex pas:
boka’ conoides patabolicum,.
% ex hyperbola hyperbolicum, - -
entur-autem flanis ad axem e
is , cundem axem fecantibus in coacm puné’to i guo éei




.+ whuias. Hdis circulus centiu 2 in axe habens , coius diametererit, BD, has

Vo

Corol3d
huus -

"2 inivs.

i,

o~ D = 7 I ¥ o e
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civenlus cum fecat , producetur exgo ab hoe {ecante planoinipfis fos

bemus igicur Juos circulos ineodewm plano,circa eandem digmetrum,
ergoilli crunt congruentes ; periphria autem mrguh dlé_to fecant.e
planoc in dicto fohdo produdti eft in {uperficie a;n!;ncm:e dictum {oli-
dum, ergo, & paripheria cireuli , BN D E , deferipti, vt ditum eff,
-rit in tali tuperticie, fcilicet in fuperiicie fpheer® in figura circuli,
ﬁph&jroidis in Vﬁgura. ellipfis , conoidis parabolici in figura Rarab_ol%
& hyperboliciin figura hyperbole ; idem oftendemus de alijs quibuk
cumque fic deferiptis circulis ab ordinatim applicatis ad dictos axes
tanquam 4 diametris , quifine erectl cildermn fectionibus , igitur quod
proponebatur demonfiratum fuit, :

THEOREMA XLIV, PROPOS, XLVIL

| demus.

Ti{dem enim expofitis figuris , preeter circulum , {upponamus ips
fam, A C, noncfleaxem, fed diametrum, & ad ipfam ordmapm ap-
“plicari vicumque, B D, intelligatur Grem, B D, diameter cuiufdam
cllipfis ab eadem defcripte , queflifereétd: plano propofite figura,

fir autem , in figura ellipfis , defcripta ellipfis {ecunda diameter per-.

pendicularisipfi, B, & zqualis duge 4 puncto , B , parallelg tan-
genti ellipfim, A BCD,inex: - :

zremitate ciufdem axis (quée
tangat in, S, ) interiea ine
ter, B D, & eam, qug ducitur
apuncto , D, parallela iun-
gentipun&a, S, &, Infigura
verd hyperbolz fit fecunda
diameter perpendicularis,BD
& =qualis e1, qua ducitur 3
punéo, D, parallela tangenti
hyperbolam in extremitatea-
wis (vt in, S, )interiet® in=
ter, B D, & eam , qug ducitur
a punéto,B, parallela iungenti
pun@a, 3, A, & tandemin parabola fit fecunda diameter perpendic
cularis quoque ipfisBD, & ®qualis diftantie parallelarum ein{deim
axi, qug ducuntur ab extremitatibus ip fius, B, D. Intelligantur gem”

c

;‘Ff.r.i,p;fam;‘_B D ,&dud¢tam a puncto; D, parallel

g NEFRASCRIPTIS pofitis,cadem adhuc fequi oftens

. LY BYE R L e
de conflituta s:ono’fdcs, & fphzroides , in quibus planis per eorun
axes dudiis , produdiee fint figuree iam dictes , fecentur deinde plazﬁ;
ad axem obliquis, fed erectis ad dictas figuras, & fint eadem plana
deferiptarum ellipfium di&a folida fecantia, erunt ergoex | i
tibus planis concepte inipfis figuree pariter ellipfes; qu
srierunt , B D, quidem prima , lecunda autem in fpharoide zqu

duftea pun&o; B, parallele tangenti elliplimin, §

: antia, erunt ergo ex his fecans.

i ccteris autem folidis €adem fuo mo
oin {pharoideipfa, BD, eft prima diame
dicto fecante plano producirur,& eft etiamp
efcr modo fupradicto,funt autem |
immo-co :

,aﬁa;‘
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GEOMETRIL B

shensur » Circa feffmnes oppofitas » qzezzm% fo#zmmzcy

ume in diGi
funt difte paffiones » 4407 intelligi poffe . Eadem verdned s

integris folidis ,
Gionym coni a

= Ropofitis ciuabus qutbu fcumg; Gimilibus, ﬁcurls ’
f@" cu linez earum homologe poterunt effe mmdcn

oppofitarnm tan-
ﬁ;mduf’mrepeﬁeﬂtur faltem earum incidentes , & Opp

gentium , quibus iple in
crant auteim di¢z homo eﬂeaiempcr mucntamm

2es proportionales.

Abe

sim dulfas , pariber verificari m,sz‘eﬂmn efto

que duw quaslibet homologg, 15,47 .
vel in eifdem productis reperiri polfle i 131%113 e
a ngentium , i
. OPWﬁEagiué:ﬁmLc;cmgangulumqex eadem pattc qml(:s fint, D
1.,d03pu, g Y. Ducanturautem vltcrms og ofi
funt regul& homologarums,__ Sl i
1s,47,ipfesAd,Cos B P
Corol-i9s @
Beprde pym ﬁguramm\ inciderites:
s3.haiuse fing, AC, FK, palauel o
Coroll. 1g{"sa DL, pu,hoc.n.fieri o
' sag.8¢p. poteft; erunt autsm ctiam |
iple,d0,gY rcgulx hom; gl
mclogarm:ﬂ , cum faciape. 7
angulosequales cum regus
Thspd A,gl, vt {upponoﬁ‘_, i
2 inuenirl poterunt carum,
2z didarum ﬁguramm incie.
dentes parallei@ cildem, A
d, E‘ggﬁntlp@,LO uY
zales incidentes :
homnologe &a,m 3185470 -
rerminaatur ad oppofitas.

=, produ&as

[oa

LEMMA

Sint du® queEcung; fimiles fignizp

K Z, quarum, & dicta-

urra.nt.

du& qus&uxs res

cidunt ad eundem angulum ex t(:iadcm

Jed etiame in eorn portionibus finein portzonxbm[g
b[‘gx/]"’ s per lineas ad eariin axin ,vel diametrum ordinae

ree;
tium pars

ipla

Vel ergo F g

angences, B L,d0spu,

, & viterius produde quue ad, AC,FK

I ve 1mm & tane pm&w‘&muf: &:1p_u¢ incidant in puﬁ&l.,

3

i35 Bage Vh:t.:m,;welfﬁgaxz mugzm»[“’ ys1

B
fecent ipfasin
g]alwxqua’

4 1B E R I 5

mmumfui parte;, lvclm vno pundo tantum , prc;cil&as ﬁguras tane
gantin pundistaritum , P, R , & abipfis ducanwrpamllelc;xeguhs,, '
4O, g¥,iple, PN, R T occurrentes incidentibus , LO,u Y, in.
punétls N Tg dxco,LI\x ,uY firniliter ad candem pa‘ e

1, N, T,fsn,hocnonﬁt dxuldatur,LO,m M, fimilit
dem partem, acdiuiditur,u Y ,in, T, & per, M ,extenda 5
arallela , d O incid

'cnrcsambltui ﬁgure:m 1,8 rurfus fecetur, u‘~

51 V,ﬁmmeteradeandem partem vtfecatur LOin, N
ergo DNy ettintra 'uné‘za M Ogemam V ent mter puné’c
'Yﬁducacurtandc V

ﬂ:um hgura 5, erztg 1 o
fore maiorem ipfa, R ,eﬁ enim, RT minima garum quaa ab ins .
i‘udente s 4 Y ad am itum ﬁgura: ducx_poﬁunt xquldxﬂ‘mter lpﬁ 587
A B % i¥ay :m\- E j‘llldlllll—\-ﬂ. a s L 3.UL_5LU. CAIalinr: Pdu. _15' S
k,fas mcxdentes LO,uY erit, IM, ad; R'T,;ve; LO, ad,uY, Deﬁu m
eftvt, PN,ad SV, €rgo, permut { '
",ad SV, eﬂaute, L.
aior, § V ied etiam minor, quod-eft abfurdum,
fas, PN R T ynonifecare fimiliterad eandem partes
uY, ficigitur eatdem dinidantyeritque, P N ad ;R T ,
L,ad, sXu,vt,LO,ad,uY,idem oﬂendemus» etiam fi cont &us;
cﬁet in pawelmcarum 1 o,X Z ;feuintotis eifdemlineis, o
deranti facil¢ innotefcer Fadem autem methodo probabimus etiamy,
DL,pu,eflevtiphs »L.O,uY, ergorefiduz. , D, X hoc eﬁ,
AC, EK,eruntvtﬂ,LO uY,ideftviqE 4 s fed s A ‘
] nmlucrfum dinifg ab homolggxs s, 745 produ&xs 5 mpu
' ,ergo;AB ad;, FG,lde{% DE, ad,pB&;ern:vt AC. ,
,1dcﬁ vi,Ba, ad iR Extendantur NP, TR, quediuidunt, -
O,uY hmihter ad eandem partcm,fecentque ipfos, B4, B &; o
'puné‘txs 2, 3;incidat antem , N Q,in. Q, punc“cum conta&us{
linee; Ad, cum figura,, oftendemus, v f: : :
T R,etiam, T8, mmdere in pun&um €
gura ,quod fitipfum,$§, quonia
Bz,cﬂe vt;B4,ad, 3&& eri
B8 Slmthter probabimus
& dividunt ipfas, E4 , R &
vicifim fecantur ad eundemang
& , fint paralleleipfis,, L.C uY erg‘_
fm:llum figurarum, P1Qs, R > &oppt
DH,do,p X,g Z,quodetiam vcnﬁcaretu :
47, fififlentad oppoﬂtas tange tes tet

F huxusa '»




CEOMETRIZ

&, Modoetiam fiad illa pundta non terminentur dico tamen,lg,
1 Bayelle v, 475 ad , R & ,etenim, 1 s, ad, 47, eltvei, AC,
ad ,FI, ideltve, LO,ad,uY,velvt,Eq,ad,R &; vt probatum

Ga

<

elt,ergo permutando, 1s, ad, B¢, eritvi,475ad, R &, quod 0=

o

flendere oportcb/at o o

COROLLARIVM

i

T q'uonizmzprobam:n eft,ls,ad, 4 7,¢f2vE5 E4 s ad B &, feil
AT e, L0yad, T, vEantein, LO, ad,n 7, ita dng homologe , R P,
ad .8 3, 1d:0due hom doge 15,4775 [unt intey [e , vt duc bomologe,
Q P, 8 R, cim opp it tangentes ;DL ,d 0, p o2, §7, duba fins vi-
cumque , licerad ennlem angulum cx eudem parte Ewn ipfis B4, B,
sded dughomologe , 1s, 4.7, ertent Vi QUaCkY; alie dna homologa gut-

Lufuisvegulis affempre, vl vi e vim iacidenres; tmmo - Apfetncidei-
pes ) ormist intey fo ! quants alle due incidentes,, oftenfuim . eft 5 2

O ad TR, flevi, LOad,nY s

THEOREMA XLV, PROPOS. XLVIIL.

11 fine duz fimiles figura planz , guagum fint duéta oppo-
»3 fite tangentes , que funt hoglogasum San.mdgm regu
fe, perquas extendaneur duo plana vecumgue muicem pa-
rallclacquead candem partem ijldem inclinata,deinde fum.
ptis duabus quibusliber homologis illz deferibere intelli-
gantur figuras planas fimiles , du&is ptimo planis aquidi-
Fances, it ve fing miljter defcripra , & defcribentes caram
linew,vel latera homologa , iden autem contingat catcris
homologis , etiam {i omnes figure deferiprae feotfim in vid-
quaque propofitarum figurarum non eflent fimiles 5 Selida,
qug ab ijdem tanguntur oppofitis planis, in quibus ex traic.
“rione planorumprafatis oppofitis rangentibus equidittan-
¢ium cadem figurz produci poffunt yerunt fimilia , & figura
defcripte eorundem homologa figure , & carum regule ipla
oppefita rangentia plana , quorum & dictorum {olidorum fi-
aurz incidentes erunt primo propofive figura e ‘

Hze

LIBER ¥ - - 3
* Hlzc Propofitio Inanifefla eft inuoluit .o, requifita omnia definie
tionis 'ﬁxmhq’m‘ folidorum ; nam hic habemus duo folida , ¢a nempe, ?qﬁn.xﬂxj
que fecantur planis di¢tarum figurarum, quorum duo extrema fiue s o
primodu@a equidiftantia plana taliafunt, ve illis incidant duo pla-

bug planis , refpectu quorum altitudines dictas a
& quia fupponimus omnium defcriptarum fimili
rahomologa defcribentiaeffe lineas, vel latera |

dem incidentes , qu crunt, 3 1k
propofite figur {int fimiies , lubinde et
capient omines dictas incidentes ,fﬁ»féi"t%?aga ;
ga defcribentia non efic incidenres , vt diétum ei
omnes conditiones definitionis mez fimilinm {c
da, in quibus dictz fimiles def‘crfﬁ cfignr ex tra
planorum producuntur , erunt fimilia’, & regule f
lTogarum erunt dicta plana tangentia, & eorum ; a
rum figure incidentes, propofite primd figura
planis inuent, ille fcilicet,, in quibus facen
{criptarum figurarum linez incidenies, qu
| Inc apparet f; defcripte fignre omnes

folidz pariter effe fimiliae ¥ndef: inzelld
EFronum portienes , ine eafden 1ntegras ci
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linefs, el lateribus homologis defcviptarsm i gurarnne ; folida i guic

busdeferipea fignre ex traieCtis planis producentur (qua in fequenti lis
bro dicuntur, folida ad inuicem [imilaria genita ex dillis felfionnm poys

C.Dels. tionibus ) erunt fimilic, 60"ﬁgymmm"I;roirgologfzr»_im-eqrj(szz‘dem.'regzgl@'
libeze oppofia rangenti plana dittis jam defcviptis fignris aqmidifiantia, quo-
e & diikoruim folidorum fignre incidentes eruns diéte [ellionnm pors
siones , velin eavnin-planis iagebunt de colligimus omnues [pharas
effe fimles, naie fi feeenzur planis pex axen oncepie gurafiunt fimis
fes, ideft circali, quod fi fecentur adbne plants adhoru

v fiunt paviter ctreuli deftrt

ieé 3L
gf?;? pr. na erefbis , produtie frguve frunt pariter ¢ def
33-his. perpis eifdem vedtis lineds s inguibus coinciduni c.
34hUlISe o aue diametri {unt etiam fncidentes eorndein
Loyt , @ oppofizarum tangentinim pe COTHIE

" tangenses omnes-inier [¢ aquidiftant , vt facile.
&i(’ﬁ[ﬂ’f ;ﬁﬁﬁ‘%!‘guu}"& b g u'y'sl.uvu’. HHEIYEL, o7

militer adeanden partem , vt ipfi axes yigitur [phare o it

Lma s1. Jes, & duttss duobus planis oppofisis tangentibus vtcumq; & per axeis,
huitse gy inngis punéta contalluum dullis planis ybine effefli civenli exnuy
feuredncidentes dilforum tangentuyin & [phararum , & ditta plana

iema 3!
huius e

“sangentia evunt regula homologarnm Pourarum carundem , vide tans

dem paset quofuis circulos in [pheris per qentrum‘;ranﬁzgntgs'pq_‘ﬂé effe
Fgnras incidentes eavundem [pharartm; & lanorrm »oppoﬁ.mr{mtan«
gentium [pharas in extremis puniZifQametrorim quovmils ditiornm
civenlorum per centruni v anfenntin T R

THEOREMA XLVI. PROPOS. XLIX.

Ofita definitione particulari fimilinm i’phvaea'oidum 8 (e

| quicur & generalis fimilium folidorum .

Sint fimiles {pharoides -
juxta definitionem particu-
laremde ipfisallatam, A B
CD,FEH G. Dicohas
effe fimiles iuxta definitios -
nem generalem fimilium -
folidorum;ductisenim pla- "
nis per axes , AC;FH,
producantur in eifdem’el-

sphuius. liples, ABC D,FEHG, ' : i 1
Shuits: quz epunt edem illis, ex quarum reuolutione circa axes, AC,F H,
T . : oriun-

~dem partem in pun@is, M, L. )
 ¢tiones cum figuris per axem tranfeuntibus , vt iple ;B D, BG.ided
it exunt incidentesipforum circulorum sBNDO,EXGV &
- Oppofitarum  tangentiuny in punéis,B,D; E,G g’
- ceeteris intelligemus .. Ergo fi per axium , A.C 5 F?H:’”' extre
j%" ?}dho Oppofita tangentia plana , qu erunt citcuﬁggiﬂ{ '

cubornm pla-.

LI BER 1.
oriuntur dictee fpjaeeroides s & proinde erunt fimiles
nit. Apollonij, tum iuxta definit.10. huius,, |

planis ad axemredtis in dictis {pharoidibus,
gr. BN DO, EX GV, (quifecent axes,

N 25

tum Juxta defi-
Evquoeniam fi fecentyr
s.gignuntur circali, veex,

-A C,FH, {imiliter ad ean- 34.hujus.
quorum diametrifunt communes fe-

@& Lemagy,
huius.

»parallela, habebimus. plana ellipfium , A BCD-
e i a})ad cundem angulum ex eadem pa rt:e;;{n'élmj
1 hoiologarumcarundimrorale s dhs IS [
& homologarum carundem regule erunt. communcs fea
Pranorunt Cunroppoilts Tange )|
incidentes homologarum fignrart
/ 1a04)8& oppohmrim

15 ) MHSBA s que
niles fectionum copi -portion
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erunt axes bafium corundem folidorum , ip(arum nempé figurarui,
FGIHN,BDCE,funt .n.folidarotunda, & plana,FMH,B A
C, peraxes tranfeuntia {funt bafibus erea. Sintautem folidornm
inm diSorum axes,necnon axes, {eu diametri figurarum, F M
BAC,ipte, OM ,X‘A « Quaergo figure, FMH,BAC ,mnE
{imiles portionum coni fectiones, quarum bafes, fiue ad earum axes
vel diametros , MO, A X ordinatim applicate funt , F H , B,;Q,gj
runt homologarum earundem regule, ac tangentes iplas figuras ex

yna parte , ex alia verod, quo per vertices» M, A, eifdem ducentur &

quidiftantes , earundem verd oppofitarum tangentiuims acipfarum

eg.huius, figurarum incidentes, MO, AX ,eritque,FH,ad, B C,vt, MO,
- S utieiett ]

Lémaz

buius,

7

=

i1,

ad,AX. Siergobales, F G HN,BDCE,fintcirculi erunt figurg

- {imiles , quarum & oppofitarum tangentivm per éxcrema , F H, du.

&arum incidentes fiens diametri, FH,B C. Siverd'fint fimiles gl

GEOMETRIE - .

liples , quoniam , F H,BC, {funraxes; -~ -
facild probabimus, ficut pro circulo fa-
~Gumelt 4d Lemma Propol.3 1. huius,

“auxilio Propof. g4o. huius, iptas, F H, -
BC, efle incidentes fimuilivm figuraruin,

'EG HN,BDCE, &oppolitarum
tangentium , qug per punéa, I, H; B,
C ,ducuntur (_qug ipfis, F H, B C,exl-

. ftent perpendiculares, cum fint axesfea-
rundem. figurarum. ) Et eodem hiodo e
{i dia folida fecentyr alijs planis pra.
facis bafibus parallelis (ita tamen vt illa

- dinidant fimiliter ad candem partemip-

wnd, fas , MG, Bind s e
7.Vide » MO, AX,8 (ubinde etiam altitudines ipforum folidorum re-

fpe@u dictarum - ¢ s & produdas info
h%ls ; ugn m{;n rba.ﬁlum aflumptas ) oftendemus & preduéas in fo-
‘d‘&g as efie imiles , & earum , ac oppofitarum tangentium { &
?ul iftantium tanquam regulis duabus oppolitis tangentibus ba
dlum sFH, BC, perextrema, F,1; B, C, iam . duGarim ) incie
entes ¢ffe communes iplarum {ectiones curm figuris, B M H, BAG,
gug omnes erunt linea homologe fimilium figurarum, F M H, B
G, quanum regul , FHLB C. Ergo, ducts per, M, &, duobus
planis bafibus parallelis ; que ipfafolida contingent,incid t hifce
olppoﬁtls_ tangentibus planisad cundem angulfz,m ex eadem
%q ana ﬁgurgzqm » EMH, B AC, fetis autem folidés’,pléimskpa"ra’
ésavc d;éh_m eft, fiunt in ipfis fimiles figuree planéﬁf&‘ arum inc
lentes capiantur omnes in fimilibus figuris , E M H, B A C, quaru
font hooinl omf i s 5, B A O quardl
{unt homologz ; earumque regule ip(z, F H, B C, & lincw homo=
loge figurarum homologaru;  ibudas seails tvtgor
g figuran mologarum duabus quibuidam regulis, vipot&

1t hifce

LI B E R L §7-
sppofitis cangentibus bafium, FG HN, BD C Efam dicis , one
\es zzquidiftant yergo folida , F M H, BAC s funtdimilia fuzea des
in.1 1. huins, & carum , ac oppofitorum rapgentinm planorum am
Ligorum , figure incidentes tunt iple, FMH,BA C,,q_uod crdLen

ftendendums: , x

COROLLARIVM 1,

Inc etiam non dificile intelligi poreft, propofitis duabus conifis
L milibas [eCtiontbus ;F BUH B AC , quarnin axes S vel diametri
fint s M 0y A X yac pofito ipfas , F-H, B C , tanquain axes deftribere cir-
culos ,[enfimles ellipfes erelias olanis figirarum ;,F M H, B AC, g
careras omnes ordinatim applicatas ad ipfas >0, AX ,vel circnlosy
el femper Jimiles ellip[es aefCTICENC iy foritaturuins
erficie capinntur omnes_psripharic circulovion yvél fimilinm ellipfi-
um , effe fimiles portiones [phararums vel [imiles [pharoidesyvel conota
des , earumu portiones , (imiles ingu_am~n@dum:-iuxta,deﬁ}zg 11. huus,
hoc e habesur ox 48+ batns.; fed eviam inxia défin. 9. habentur .n. hic
“omnes tftius corditiones ;vi examinanti facile apparebit s quod efbcon=
uerfim eins 5 quod-in prafent Theor. propolisum fust . Hoe antem cofe
perfuim etiam in reliquisTbeorenmtibzs', in quibus definitiones partics=.
Aares fimilezi pplanarnm 5 vel, folidarusm figurarum.cuin generalibus o
fendimus concordare, porerat demonfirari, [ed cnm 1 Jequentibus Libris
el iullam 5 vel [altem non neceff Jr'izr%:g\d:cc‘aﬁbnefm,wdérem e bunius
babitsram effe , & cum ettam.fac? ¢ hog flndiofus, qut relEe priaves pros
firiones:inzellexit , deducerepolfit propreveanc longior fierem; cons
176 hoc prasermifi . quod tamen minimé dubito , & propres. .
2 boc eriam provero (uppofitos triptum Covoll. fubinngerevo {nis

o

COROLLARI V M 1L

R T Ltcrius evgo cum hucufque f utis manifeflumfit, definitiones pars -
'~ ticulares fimilinm planarum ,vel faliddrﬂm‘_ﬁ gurarum » cumdes
nitiontbus generalibus 10. nempés & 1 1o huins concordare , ided in Je=
uentibus vevinfq; definitionis,tan particularis [eilicer quam generaliss
iout ibuerit, hyporefi nos vii pofle ex hoc colligems. ' R

N - SCHO:



GEOMETRI®E LIBER 1.

S CHOLIV M.

CE iretnr anten Leclor ffinhoc quafiam propofitiones offiime

p/l'rz_'nz ‘mr;zqrmm DIraAS , qUain quuenti Libro df*mun»{i:;ﬁntam
gieades precipue é’ﬂe_pamcrzmt jl’(ap0ﬁ 5o 6o 708 8. [1h. fequeniis , has
2 accepitimquain in Elementis iam demonflratas, licer potuiffent etiam
st e feq. Liba2o citm ipfx non pendervent ex hic demonflrandis , ne
feres peLiio principif o vt fuls locts admionui in prafenti Libro ; placuis
cumen eafdein Propofe nonz mea methodo indintfibilinm etiam demon-
Hrare, veex ea, tamquam ex bereuleo cornn, guanta [it manans demo-
Brationnm afflecntia paffi 2 dizito dem. nflrarein

B

Finis Primi Libri.
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